B. LOI GIAI - HUGNG DAN - PAP SO

§1. Phuong trinh tong quat cua duong thiang
1. Taco: A_'B=(3;—6}: E={—I 1 4) : E=(’2;—2). Goi H la truc tam
cua tam giic ABC thi duong cao AH qua A va nhin BC 1am vecto phap
tuyén nén c6 phuong trinh :
—lx+1)+4y-2)=0hayx—-4y+9=0.
Puong cao BH qua B va nhan AC Tam vecto phéip tuyén nén c6 phuong trinh :
2c0—-2)-2(y+4)=0hayx -y—-6=0.
bPuong cao CH qua C va nhin AB 1am vecto phap tuyén nén ¢6 phuong trinh :
3(x-1)-6(y—-0)=0hayx—-2y—-1=0.
2. (h.92) Gia st M, N, P theo thi tu la trung diém
cua cdac canh AB, AC, BC cua tam giic ABC.
Tacd: MN =(2 Ry NP=(8;-8): Eﬂ'=(1[}: 0).
Puong trung truc cua canh BC di qua P va nhan

MN lam vecto phép tuyén nén cé phuong trinh :
2x-=9)+8(xy—-1)=0hayx+4y-13=0.
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Tuong tu, ta duge phuong trinh cdc dudng trung truc cta cdc canh AB, AC
ldinlugtla:x—y+2=0,x—-1=0.
Xét diém M(xy; ; vyy) tuy ¥ thuoe A,
. - - 3 s - P - P 'rN = 'YM
a) Goi N(xy ; vy) la diém doi xing voi M qua Ox. Khi do ;
YN = Ym

Dodo: M e A< axy +byy +c=0

Saxy —byy+tc=0 NeAtax—by+c=0.
Vay phuong trinh duong thang déi xing vai A qua Ox la ax —by + ¢ = 0.
b) Goi P(xp ; yp) la diém d6i xing véi M qua Oy.

Xp =—X
Khi d6 ta c6 { o
Yep = Ym-

Dodo: Me A axy +byy +c=0< —axp +byp +¢c =0

S axp —byp—-c=0=Pel;, tax—by—c =0
Viy phuong trinh dudng thing d6i xing v6i A qua Oy 1a ax — by — ¢ =0,

g o = M
c) Goi Q(xg ;yQ) la diém doi ximg véi M qua O. Khi dé ta co
_'Jr'Q ==¥u-

Dodo: MeA = axy +byy +c=0 < —axg —byyg +c =0

Saxg+byy-c=0& QeAyrax+by—c=0.

Vay phuong trinh dudng thang doi xing véi A qua O 1a ax + by —¢ = 0.
Cdch 1. Roraing A ¢ A, ldy M(1 ; 1) € A. Khi dé diém M’ d6i xing véi M
qua A co toa do M" = (1 ; 5). Puong thang A' d6i xting v6i A qua A sé di
qua M' va song song voi A, Ta tim dugc phuong trinh A'la x =2y +9 = (.
Cach 2. Xét diém M(x, ; y,) tuy ¥ thuoc A va goi M'(x, ; y,) 1a diém d6i
xing cua M qua A. Suyrax; =2 —x,, ;=6 — y,.

MeAex —-2y+41=02-x5-206-y)+1=0&15,-2+9=0
oMeA:x-2y+9=0.

a) Cat nhau ; b) Song song ; ¢) Trung nhau.

d) Néum # —1thi d, cat d,, néum=-1thid, // d;.
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4 - m -
6. D = =41 -(—m)2m+6)=2m" +6m+ 4
2m+6 1
=2(m+ D(m +2).
—m 4—m
D, = =(=m¥-2m-1)-1(4 —m)
: |1 -2m -1
=2mz+2m—4:2(n1—1)(m+2].
D i (4 W2m + 6) — 4(=2 1)
. =4 -mQ2m - 4(-2m —
Y l=2m-1 2m+6

=—2m* + 10m + 28 = —2(m — 7)(m + 2).

-XétDz0=2m+1)m+2)z0om#—-1vam#-2. Khido A va A,
céit nhau va giao diém cta A; va A, ¢6 toa do
D. 2m-1)(m+2) m-1

X

D 2m+Dm+2) m+1
Dy  2m-7m+2) T-m

YD T 2m+Dm+2) m+1

X =

-XétD=02m+1)m+2)=0< m=-1 hodcm=-2.
Véim=—1thiD, =2.(-2).1 =—4=0. Khido A, va A, song song v6i nhau.
Voim=-2thiD=D =D =0.Khido A, vaA, trung nhau.

7. (h. 93)
a) Puong thing d qua A va vuéng goc voi
A ¢6 phuong trinh 2(x + 1) + y — 3 = 0 hay
2x+y-1=0,

x=2y+2=0

Toa d6 cua B la nghiém cua hé
2x+y-1=0.

=1
Giai hé nay ta duoc { . Yay B=(0: 1).

y=1 Hinh 93
AB =1% +22 = 5.

X _2_}'{_“ +2 =U
Toa do cua C la nghiém cua hé

\/x% + (e =D = 5.
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X Xp =2

Giai hé nay ta dugc . hoac . . Nghiém dau bi loai do y = 0.
Ye =0 Yo =2

Viy C=(2; 2).

Do ABCD 14 hinh vuong nén CD = BA.

Suy ra hay Vay D =(1;4).

b) Chu vi hinh vuéng ABCD bang 45, dién tich bang 5.

Goi M, N lin luot la giao diém cia A véi ciac truc Ox, Oy, ta co

M= [—%: U], N = [D : —-;;] Tam gidc tao bdi A va cdc truc Ox, Oy la

~
it

tam gidac vuéng OMN co dién tich § = %—OM.ON =5

]‘ e

(h. 94) Gia su A N Ox = A(a ; 0),
A Oy=B0;:b),a=0,b=+0.

Phuong trinh cua A : o + ) 1L,

a b
6 4
PeA= —+—=1. 1 »
e A= % + 5 (1) =
1 1
Soap = 5O0A.OB = E}ab| =)
Hinh 94
= |ab| = 4. (2)
. da . . s g 4 ,
Tu(l)suyra b = v (@ # 6 vi néu a = 6 thi (1) tro thinh T =¥ :va ).
g 4a 2
Thay vao (2) ta dugc |a. _6‘ =4 <a =la-6|. (3)

Véia>6thi (3) < a” — a+6=0: phuong trinh vo nghiém.
Véia<6thi(3)<>a” +a— 6=0,khidé a=2hoaca=-3.

— Trudng hop a=2 = b = -2 , ta c6 duong thing A, : ‘2i+%=1.
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10.

1 B
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4 : -y
—Truﬁngtha=—3::>b=g,lacéduﬁngthangﬂzz %4‘%:1.

3
Gia st M =(m ;0), N=(0; n) véi m, n > 0. Phuong trinh cua A la
i+£=1,
i H
DEReS & 4 e > (dé thy m > 2). Do n >0 nén m > 2.

m n

Ap dung bit ding thic Co-si, ta c6

OM+ON=m+n=m+

m
m-—2

2+i-~2\/_+'i

=m-—-2+

+ 5= 2\/(m 2)

m -

Dau "=" xay ra khi va chi khi m -2 = hay m=2 +/6 (do m > 0).

— 2
Suyran=3+ \/— Viy OM + ON nho nhit bing ’2\/(_:3+ 5khi m=2+ J_
van=3 +JE Khi d6 phuong trinh cua A la =1,
2+ v"_ 3+ \.f'_
(h. 95) Goi A = (xy:0), B=(0; y).
Vi
Khi d6 x; > 0, yy > 0. Phuong trinh dudng
thing AB la LR -
.l{_] }PU
Mie AB=s L s, :
Yo Yo E
|
Soag = 5 OA0B = 5X0). Hinh 95
b b
Tacé:1=—+2>2[2 = Xy = 4ab.
Yo Yo *oYo

Do do S5 = é Xp¥p 2 ;4{1:‘3 2ab.

Xy = 2a
Dau "=" xay ra khi va chi khi a_» 1 hay v
rﬂ _"I-r{_‘] 2 .}.‘ﬂ = Zb



12,

‘ . | % =2a
Viy, dién tich tam gidc OAB nho nhit bang 2ab khi { 0 51
Yo = =D
% . * . i i X _}1
Phuong trinh duong th: antimla — + = =1.
g trin g thang can tim la == + =

a) Hoc sinh tu lam.
b) (h.96) Cach 1. A(xy:yp)ed, =>y4=2x4-2;

B(xg: yp) € dy = yp=—xp— 3.

_ X, +xp =2x Xy +xp =6
Vi M la trung diém ctia AB nén { i Moy { 4

.}11.'.}'-8:2}?“ ZXA—Z—IB—3:0
11 16

:"‘*JL'A =_:>‘}IA —

3 3

1116
Vay A=|—=:—|.
2y [3*3}

Puong thing MA tring véi dudng
thing A. Tir dé ta tim dugc phuong
trinh cua A la 8x—y — 24 = 0.

Cdch 2. Dé thiy dudng thang A céin tim khong vuong géc véi Ox. Goi k 1a
hé s gbc cua A thi phuong trinh cia A ¢6 dang : y = k(x — 3).

Goi A=And,,B=And, Khi d6 hoanh d cia A la nghiém cua
phuong trinh : 2x — 2 = k(x - 3).

Hinh 96

- (k # 2 vi néu k = 2 thi phuong trinh 2x — 2 = k(x — 3)

Suy ra x, = P
vo nghiém).
Hoéanh do cua B la nghiém cua phuong trinh —x — 3 = k(x — 3).
3k-3 _ . .
Suy ra xg = o (k # —1 vi néu k = -1 thi phuong trinh —x — 3 = k(x — 3)
vo nghiém). Tir gia thiét M 1a trung diém cta AB suy ra :
3k-2 3k-3
XA'FIH :ZIM@ A’—2+ ] =6-<xk =8.

Viy phuong trinh cia Ala y=8(x — 3) hay 8x —y—24 =0,
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13.

(h.97) A(0;:0),C6:0)=>A,CecOx=>P, 0 ecOx=P=(xp;0),
Qz{xg;{)) véﬂiO{.rF{xQ{ti.
Phuong trinh dutng thing AB: y=2x;
Phuong trinh dudng thing AC : y = 0.

Yi

Goi canh hinh vuong la a. Ta co : Glogoec B
MN BM a BM / i
i O i M s OO M 1
AC "BA 6-Ba ¥ /
Ké BH L AC,suyraBH =4, Tacé: -
I=A|l P H . ;
MP _AM _ a_AM ‘ L
BH - AB 4~ A % Hinh 97
... a a BM AM 1
Tu(l]v&{Z)auyra.ﬁ+4_AB+ﬁB—l.DUdéa—5.
1 6
Vay vy =y =5 Do M € AB nén yy; =2xy,suyra xy = 5
6 . 6 12 18
IPZ.I'M=§. Vi PQ=.1_Q‘—IP néﬂ.‘;Q=g‘:P+ﬂ=§+?=?.

s s s g sl Bidd 6 18 . 18 12
Cic diém can tim la : M[E’?J’ F[E’D]’ Q(?,G‘], N[?i?]'



