B. LOI GIAI - HUGNG DAN - DAP SO

—

1. a)BD=AD—-AB=d—-b; BC =2d;DC=BC-BD=2d—(d-b)=b+d.

AC = AB+BC = b +2d.
b) Tach

CM =AM - AC =

AN =AD+DN =d+2+4_2+4d _ 204
3 3 3
Vay CM //AN.
b - b-2d
DM—AM—AD—E—d— 5
, W . _'j" 3 .
AN =D+ DN =B lid 204 A5y
3 3 3
Viay DM //BN.
c) e Goi ¢ la goc hop boi NA vaNB, ta ¢ cosp = NANB'
Theo cau b) ta cd M.ﬁ=(b+4d}(;%+4d]=_2316=%.
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' 3 3
Suy ra : cosw—v?—
[ 6
Viy sing = l—cosztp :T.
85
1 1 V17 V20 6 2
Vﬁ}’ SA.I"'.."R ZNANB blﬂtp_"z- —3—.—'3—\/'?—5'='§

e Theo céu a), ta c6 goc CMD = ¢.

37,

2 ?
13735 6 3
T W Tl
d) Do M la trung diém cua AB nén hinh binh hanh ciing nhin cédc trung
diém cua NA va NB lam dinh. Vay dién tich hinh binh hianh d6 bing nua

Theo cau b) ta cé6 MC =

=]

Viy : Semp = %MC’.MD.sin.;o =

; . i . 1
dién tich tam gidc ANB hay bang 3

2 a}TacéR:=ﬂ+E.

Bing cdach nhén hai vé voi BC ta dugc :

— — —

2
BC = BA.BC + AC.BC < a* = ca.cosB + bacosC
<> a = bcosC + ccos B.
b) Thay a = 2R sinA, b = 2RsinB, ¢ = 2RsinC vao cong thic cudi ¢ ciu a),
ta duoc diéu cian chiing minh.

be 1.2Rs1in B.2R si X :
¢) Tacé ah, =28 = ‘;}; = £ mzn S0 o j. = 2RsinBsinC.
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2

d) Chu ¥ ring 2bccos A = b” + ¢ — g” v tir cic cong thiic tuong t, ta ¢6 :

bc(bz - cz)cusA + f:.rir(::'2 - ag)cusB + ab(a® - bQ)CDSC =
= %[(hz )+t -+
+(@ =a®) 2 +a® - b))+ (@ -2 + b - D) =0.

2 2 2 B A e ol ozl
e) BC* + HA* =CA“- +HB " < BC - CA =BH - HA

< (BC + CA)(BC - CA) = (BH + HA)(BH - HA)
< BA(BC - CA) = BA(BH - HA). (*)
Néu ta goi €' la chin duong cao ha tr C cua tam giic ABC thi
vecto BC — CA va vecto BH — HA ¢6 hinh chiéu trén dudng thing BA déu
la BC' — C’A. Vay ding thic (*) duoc chiing minh va do dé
BC* + HA* = CA® + HB".
Pang thiic con lai chitng minh tuong tu.

3. (h.136) Tadat: CA =i, CB = V.

C
Khi d6 |i|=CA=b va |[|=CB=a. Gia sk
trung tuyén AA; cat phan gidc CC, tai /, khi dé 5
IA_CA _2b A '
IA, CA ~ a
hay 1a a.JA = 2b.JA;. Vi I nam gita A va A,
nén a.lA = -2b.IA, B G 8
Hinh 136

= a(C_‘ﬂ; - Ef) = —Zh(C_A; - E)

S ra_a.a+2hC'_A;_aiI+bF
e I | a1

Do doé ta ¢o

—= = — g +bV _ ai-(a+bV
Al ShE—ths e e

Vi duong cao BB, di qua [ nén BI.CA =0, hay [m}' —(a+ h)ﬁ],x}' =0.
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Suy ra :

aii* —(a + b)ii.v =0 = ab® — (a+ b)abcosC =0
= ab® - %{a + b](ﬂ2 +b% - cz) ={)

= 2ab* —a(d® +b* =) =ba@> +b* =) =0
=2 —a{az —b =) —b@® +b*-c*)=0

Viy ta ¢0 lién hé : a(-a*> + b + %) = ia® + b* - ¢P).

(h. 137) Tir gia thiét % =k, tasuyra:

AM _ k. MC _ 1
AC  k+1 ~ AC  k+1°
Tuong tu nhu thé :
NC k NB 1 PM _ k
BC k+1" BC k+1"MN k+1’
PN i Hinh 137
MN ~ k+1
Tu do suy ra :
k k k
Sl=SAPM=mSAM.W'=k+1+k+lsﬂi‘.ﬁf‘
_k k. koo [k 39
Ck+H1Uk+1k+174C T k41 )
1P
: 3 B
Tinh todn tuong tu, ta ¢ SQ_[&+]J 8.
Vay 5
k 1
3 afe % 3 L 3e_3
JSTNL\/E k-l—lJE—I_k-t—iﬁ Us.
-0

(h. 138) a) Goi (O) la duong tron ngoai tiép

tam gidc ABC. Tia AD cit (0) tai E. Ta c6 2 D o
AD.DE = DB.DC, tiic 1a :

i i !1:
l.DE=b'c" Hinh 138

193



Dé thdy hai tam gidc AEC va ABD dong dang, do do :

AC AE - 2 i
S5 =5 haybe=1(1+DE) =+ LDE = P+ b'c'

Viy taco P =bc -bc' hay [ = vbc-b'c'.
b) Theo tinh chit duong phéan gidc ta co :
h' b

¢ ¢
Tur do, ta co :
b’ b & C ab

br+f_":h+£~" bl_[h(_,u:h%_{.-Suyrab:

Vay tir ciu a), ta co
2
_h .
| = [be— —2
(b+c)

be| (b + (:)2 g
Rl ]

b+c¢

6. (h. 139) Tir O ké dudng thang
vuong goc vai d tai H. Hai
tam gidc vuong OHI va OTI
¢6 chung canh huyén OI, con
OH > OT = R (vi d khong cit
(0)). SuyralH < IT

Hinh 139

Vay duong thang OH cat duong tron (/) tai hai diém A va B nao do6 doi
xung voi nhau qua d.

Tacé OT = OA. OB = (0H + HA)(OH + HB)

e

o R? = (OH + HA)\OH — HA) = OH* — HA®.

Boi vy, néu dat OH = h thi HA = HB =\ h* — R*> . Suy ra (I) di qua hai
diém A, B ¢6 dinh.
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a) Hién nhién dudng thing A(m) luon luén di qua goc toa do O. Phuong

trinh cta A'(m) c6 thé viét dudi dang : V1 - m’ (x+1)—(m+ 1y =0, nén
A'(m) luon di qua diém (-1 ; 0),

b) Giai hé N1—m*x—my =0
vl —m*x —(m+ Dy ++V1- m> =0

ta duoc giao diém M cé6toadd x =m va y = V1 - m>.

¢) Theo cau b), toa do (x ; v) cua M thod min diéu kién e y2 =1.VayM

luén nam trén dudng tron tam @ ban kinh R = 1.

d) Goi ¢ 1a gbc gitta hai dudng thang A(m) va A'(m) thi :

‘(dl—m2)2+mtm+l]‘  m+ m+ 1

cos@ = — = -
Ja=md) s m2d-mdy+ m+1?  V2m+1D 2
) : _l m+]_l __l
@ = 60 f.::::cobga—zczb 5 —2<:>m— 3

|
Vi =— —,
ay m 3

a) Tam dudng tron 14 /(2 ; 0), ban kinh R = 1.
b) Putng tron (‘¢") c6 ban kinh biang 1 va ¢6 tam I' 1a diém déi xing vé6i I qua

duong thing d : 4x — 3y = 0. Gia sit I' = (x ; y) thi vecto II' = (x — 2 )

phai vuong gdc véi vecto chi phuong cuadla u = (3:4), tic 1a 3(x—2)+4y=0,

hay 3x+4y-6=0. (1)
o .3 i FErey ,-T+2 ¥ ae & ot .

Ngoai ra trung diémcua Il' la P = ( > ’5) phai nam trén d, tic 1a :

Hx+2) 3y

(“‘—;l—-i;‘i:ﬂ by A=y W=l (2)
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Giai hé hai phuong trinh (1) va (2)tadugc toado I'lax=——, vy = —.

. 14 2 48 2
Viy phuong trinh duong tron (‘€7) 1a [,],' a1 2_5] +[ i ﬁ] =1

¢) Hién nhién hai tiép diém T va T" déu ndm trén dudng tron (€)) c¢6 dudng

kinh 1a MI. Puong tron d6 ¢6 tam la trung diém Q cia MI, Q = (I;E]

2
m> :
va ¢6 ban kinh r = QF = 4|1 + o Vay (¢,) c6 phuong trinh :

(A‘—l)2+(!—%] =l+n;f hay x2 +_1=2 —2x—my =0.

Hai tiép diém T va T' 1a giao diém cta hai duong tron (€) va (€)) nén toa
do cua ching la nghiém cua hé :
{rz +y* —4x+3=0
4y —2x—my =0,
Tiur hai phuong trinh trén, ta suy ra 2x — my =3 = (. (*)
Toa do cua T va T" la cic nghiém cua hé phuong trinh trén nén ciing la
nghiém cua phuong trinh (¥). Suy ra (*) chinh la phuong trinh ctua dudng
thang TT'. Puong thang do luon di qua diém c¢6 dinh S[% ; DJ.
a) Viét (1) dudi dang :
=mP+(—m—1D =m?+m+ 1= dm=m*+(m - 1)~
Vi m®+(m—1)">0,
vai moi m nén (1) 1a phuong trinh dudng tron véi moi m.
b) Tam [ cia dudng tron (1) cé toa dd : x=m ; y=m + 1. Suy ra quy tich
cdc diém / 14 dudng thing ¢6 phuong trinh y = x + 1.
c) Ta tim cap s6 (xy; yy) sao cho :;5 + y{% = 2mxy = 2(m+ Dy, +4m =0

vGi moi m.



10.

11.

Bién d6i dang thic trén ta ¢6 : 2m(2 — xy — ¥p) + xﬁ +y5 =2y, = 0 V6i
moi m.

Tueudésuyra:2—x3—y,=0va xﬂz + yﬂz — 2y = 0. Giai ra ta c6 hai cap
$6 (1 ;1) va (0 ; 2) 1a nghiém. Vay dudng tron (1) luoén di qua hai diém co
dinh A(1: 1) va B(0; 2).

a) Truc 16n cua (E) la 2a = PQ = 6, va truc bé 1a 2b = QR = 4. Vay a = 3,
b = 2. Elip (E) ¢6 phuong trinh

o },3
2 qed cwd
9 "4
. Xy
Tuong tu (H) c6 phuong trinh t e L.
1.1 2
b) Hai dudng tiém can cua (H) c6é phuong trinh chung la ? - J’_4u =)

Giai hé gom hai phuong trinh (cta (E) va cua hai duong tiém can), ta tim
duoc toa do cia bén giao dieém 1a

(55 [t )s [ - 6)

Pudng trung truc d ctia OF c6 nhién di qua diém (0 ; 1) va (1 ; 0) nén d
c6 phuong trinh x + y =1 = 0. V& moi diém M(x ; y), goi MH la

x+}*—1|

khoang cach tir M dén d thi MH = | s va khoang cach tir M dén F

1A MF = J(x=1)% +(y—1)%.

a) Conic ¢6 tam sai ¢ = /2 12 mot hypebol. Ta ¢6 :
-E—g—-:ﬁ@ MFE :ZMffg @(1_1)24_{},_1}2 ={X+_}’—1)2 @2:{:},:1.

Vay hypebol d6 c6 phuong trinh 2xy = 1, hay ciing ¢6 thé viét y = % bo

la hypebol da biét & cap Trung hoc co so.

197



b) Coénic co6 tam sai e = 1 1a mot parabol. Ta c6 :

MF

= -1 MF? = MH?
MH - <

< (x—1)? +(y—l)2 :%[.r+_v— 1)*

o x° -I-}i'z -2xy-2x-2y+3=0.

Parabol c6 phuong trinh la (x — Y =2 +y)+3=0.
1
ﬁ

MF 1

i 22 _ agpi2
VH ﬁc::ZMﬁ MH

S A1) +4y -1 =(x+y-1)7

¢) Conic co tam sai e = la duong elip. Ta co :

& 3% + }’2) -2xy—-6(x+y)+7=0.
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