B&i tap 6n tap chuong Il
32 53 643 1V3 +3V2

82. A_1-~— Fo IND BN
2 2 2
B=3_1_4+5=E.
2 2 1 4
83. (h. 69) cos(AB, AC) = cos60° = =
= = I
cos(AB, BC) = cos120° = 5
J—‘ ! J
CDS(BJ BC ) = cos30° = S
T 3
cos(AB, BJ) = cos150° = —£-
]2 B i
cos(BJ, CI) = cos120” = —=. Hinh 69

[
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84. (h. 70) Xét tam gidc ABC can dinh A ¢6 goc ¢ day bang a, AH la dudng cao.

85.

92

Taco:
I A
S =§BC',AH = BH.AH,
I .
S=§AB.AC’.S:H(ISU° - 2a)
= %AB.AC.sin 2a.
T dd6 AB.AC.sin2a = 2BH.AH, ; & ) o .
suy ra qinza—zﬁﬁ_zcma G . ;Hm
suy L - +AB'AC_ Bl T . inh
(h. 71)
Pit CA=4a, CB=h.
e TR . == b
Khi do CD=a+b ; C :E va
S m -*_i
a =58 =1 ,a.b_z_
2) Gidsit CN = nCA = nd . Khidétacé : Hinh 71

MD=CD—CM=E+% vi ND = CD - CN = (1 — n)a + b.

_

Suy ra : MD.ND = [&' + g]i[(l —n)a + f:;]

—*1
o h_ l—ny_.-
=(l-n)a +2+(l+ 5 ]a.b
sy +l+3—ﬂ_9—5ﬁ
ST T T T T
Pé tam gisgc MDN vuong tai D ta phai c6 MD.ND = 0 hay n:%.
— 9
Vd}fCN=Ea.

Dé tinh dién tich tam gidc MDN, ta tinh binh phuong do dai hai canh MD
va ND :



2
—2 (4. -V 16, 4 2
NDE =N el dab]| steg et =
[ R J 557 5 95

el e = i W - T
b) Gia sit CP = pCA = pa . Ta co MP:CP—CM:;;&—EF;-.

g g oot |y b = 5_ I I p_ Sp-12
Khldo.MD.MP—[a+2J(pa 2}—;} 1 441-4— a
i
bé tam gidic PMD vuéng tai M ta phai cé MD.MP = 0 hay p = 3 tuc
2 .
CP==d
5
2 (2. B) 4 1 1 2
= - 2__’ — _—'__ — i T s o
Khi do6 MP~ = MP [Sa 2] 25+4 5= 100
Vay Spp = L [2L 7 _TV3
W OPMD T NT00°4 T 40
— 23 b L ¢ 2 3@ -
c]Themrén,tacﬁMP:?a—— PD=CD-CP=a+b- =" +b
T . . l_21—~_9 3 49
Bolviys 88 =t gRmat =gty
WD s s

255 20 2 100°
Goi ¢ la goc hop boi hai duong thing MP va PD, ta c6 :

cosQ = [@ﬁj \/_ Jﬁ
= Pl mn N'm 10 ? 14

da 3 2043
86. d}ZR_‘%IﬂA_I{]?_T
= k=108
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87.

94

b) Goi M, N, P lan lugt 1a cédc ti€p diém cua BC, CA va AB véi dudng tron
noi ti€p tam gidc ABC (h. 72).

Ta c6 AP = AN =r.cot30° = 5.
BP + NC =BM + MC =a = 10.
Tur do ta co :
(b-—AN)+ (¢ -AP)=10
hay b+ c=20. (1)
Theo dinh i cosin :
a® = b + ¢ — 2bccos60”

hay a*=(b+ {_)2 — 2bc - be,

Hinh 72

B+e)f -a* 207 107
3 3
do dé be = 100. 2)

suy ra be =

Tir (1) va (2) suy ra b, ¢ la nghiém cta phuong trinh béac hai ¥ =20x + 100 = 0.
Phuong trinh nay c¢6 nghiém kép b = ¢ = 10 nén ABC la tam gidc déu.

a) Ta chi phai tim doé dai canh BC.
Ap dung dinh I cosin

BC” = 10" + 4” - 2.10.4.cos60° = 76.
Suy ra BC = 8,72.
Chu vi tam giic 2p = 10 + 4 + 8,72 = 22,72.
b) (h. 73)
Ké duong cao BH ta co

AH = AB.cos60° =5,

suyraHC=5-4=1.
BH = AB.sin60° =53 .

; =y HB
tanC = ~tan BCH =~ = 543.

Hinh 73
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c) (h, 74)
bé BE la tiép tuyén cua duong tron (ADE)
phai c6 BE* = BA.BD = 10(10 + 6) = 160. Ta
cO0 AE = x, ap dung dinh li c6sin cho tam giic
ABE : BE* = x> + 100 — 10x.
Tir d6 dan dén phuong trinh

x* = 10x + 100 = 160
hay XX = 10x - 60 = 0, phuong trinh nay co
mot nghiém duong 1a x =5+ 85. Vay
diém E cén tim 1a diém trén tia AC va cdch A mot khoang bing 5 + +/85.

Hinh 74

(h. 75)
a) Theo dinh li sin, trong tam giiac ABD : d
BD AD (1)
sing  sin(B — @)’
trong tam gidc BCD : D
cD BD 2) n C
sing  sin(C — @)’ Hinh 75
trong tam gidc ACD :
AD cD
sing  sin(A — @)
. AD.BD.CD AD.BD.CD

Tir dé ta ¢6 : T ~ Sin(A — @).sin(B — ).sin(C — @)’

Suy ra dang thitc cdn ching minh,

b) Ap dung dinh 1i césin vio tam giic DAB, ta c6
BD’ = AB> + AD* - 2AB.AD.cos.

Mat khic, %AB.AD.sin@ = Szp.

Tir d6 suy ra BD® = AB* + AD” — 48}, p.cotg.
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89.

90.
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Tuwong tu : CD*=BC* + BD" - 4Sppe-cotg;

AD* = AC* + CD* - 4S},.cote.
Cong theo v& réi bién doi vai chd ¥ ring tong dién tich ba tam gidc nho
bing dién tich S cia tam gidc ABC, ta dugc :

— a® +b* + ¢ B a + b® +c* R
$= 48 - abc |

2 2 2
' + b+
Theo bai 58 (chuong I1) cotA + cotB + colC = “————R

Tix do suy ra dang thitc cdn ching minh.

ABBCIL S
(h;?ﬁ)Sﬂﬂt"= 4R .
AB.BC.CA
Sasc = — 4R
Sy i Sypcr  A'B'.B'C'.C'A (%)

S.sc  AB.BC.CA

Ta lai c6 AMAB oo AMB'A" nén

A'B' MA'  MAMA'
AB ~ MB ~ MAMB

Do MA.MA' =

2 2
tﬁ;ﬂU}|=:R "ﬂJ(}

A'B'  R* - MO?
AB ~  MAMB
B'C' R*-MO* C'A'" R>-MO

Mg o =—EE * oL JICHA

Thay (*#*) vao (*) ta duoc diéu phai chitng minh.

nén

2

”. (**)

(h. 77) a) K& hai tiép tuyén cla (€) tai B va C, ching cit nhau & 1. Khi d6
dé thay duong tron tim / ban kinh r = IB = IC thoa man yéu ciu.
b) Ké duong thang OM, n6 cat duong tron (/) 0 N (N # M), ta c6

ey com—

A
OM.ON = OB (= Hy).



91.

Tir d6 ta c6 OM.(OM + MN) = R,
suy ra OM? — MO.MN = RE

= F%Hr{/} = MB.MBP.
Vay N, B, O, B' cung thudc mot
duong tron, suy ra NOB' = NBM.

Tuong tu ta c6 N, C, O, C’ cung
thuéc mot duong tron, suy ra

NOC' = NCM .

Do tit gide NBMC noi tiép nén NBM + NCM = 180°.

Tir d6 ta c6 NOB' + NOC' = 180°. Viy ba diém O, B’, C’ thing hang hay
B'C" la duong kinh cua duong tron (‘6).

(h. 78)

a) Lay diém H, d6i xting v6i H quaA’hay A'H = — A'H, .

Khi d6 BH,C = BHC = B'HC' =180° — A.

Suy ra ABH | C la tir gidc noi ti€p, do do

XBAC=AH AR =-AVHATR
b) Puong tron (¢) va dudng
tron taim [/ duong kinh HA co6
B'C’ la truc ding phuong. Ké
tiép tuyén cha (€) tai J cit
duong thing BC 6 K thi

smmmmrp ax

Ta hay tinh phuong tich cua K
doi vai duong tron tam [ :

2
'ﬁ(ﬂll} =KI° - [EJ

2

Hinh 78
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R, S gk —  —n2
=KA'2+(A A;A H] _{A H;A A]

=KA* + AHA'A
Theo cdu a), A'H.A'A = —A'B.A'C . Mat khéc ta c6 BIC = 90° (g6c noi
tié€p chin nita dudng tron) vaJA' L BCnén A2 = —A'B.A'C.
Viy —‘fﬁ’qm =KA® + AP =KJ* = pfiq{,f,] , suy ra K thuéc truc dang phuong
B'C’. Vay ba dudng thing BC, B'C’ va tiép tuyén tai J cta (€) dong quy
oK.

Cac bai tap trac nghiém chuong I1

1. (D) 2, (A) 3. (A) 4. (C)
5. (D) 6. (B) 1s {0) 8. (C)
9. (B) 10. (C).
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