On tap chuén bi thi t6t nghiép

A. Cac cau hoi trac nghiém

a) Do la cic mat phang : (SAC), (SBD) va (S01).

b) D6 1a dudng thang SO.

¢) Khong c6 diém nio.

a) D6 1a mat phiang (AA'D) va mat phiang trung truc cia DD', mat phang
trung truc cua AB.

b) D6 1a : dudng thing noi tam hai ddy, dudng thing n6i trung diém canh
AA'va DD'.

¢) Trung diém cua 00",

Cic ding thifc a) va b) ding.

Cic dfing thic a) va b) ding.

Cac ménh dé a), d) diung.

Ménh dé b) diing.

Cac ménh dé a), b) ding.
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Mot 36" dé tu ludn
e .
Cdu 1. (h. 77) a) Tam giic SAC la tam
gidc déu c6 canh bing a2 nén c6 dudng cao

SH=¢.-J5.§ = ”‘f.

Hién nhién SH ciing 1 dudng cao cua
hinh chép. Suy ra thé tich cla hinh chép 12

| 2 CI"JE a3\f€
V=—=a =

SR T Hinh 77

b) Goi O la trong tim cia tam gidc déu SAC thi O la tim mdt ciu ngoai

J“

tiép hinh chép. Ban kinh mat cdu la R = 0§ = HSH =4

¢) Hai hinh chép dé d6i xiing v6i nhau qua mat phiang (SBD) nén bang nhau.

Cin2.2)Tac6 AB=+(1-42 +2+1)? +(2-2)7 =32

BC = (1 - 12 + (=1 - 2) + (5 - 2)°

Il
Lad

& &

CA =A@ -1 + (=14 1} + (@2 -5
Suy ra AB = BC = CA va do d6 ABC la tam gidc déu.
b) Tacé AB = (-3;3;0), AC =(-3;0;3).
Deé thiy vecto n=(1;1;1) vuong g26c vai vecto AB vaAC .
Boi vay mit phiing (ABC) ¢6 vecto phip tuyén n = (1;1:1) va di qua diém
A(4 ;-1 ; 2) nén ¢ phuong trinh :
x=44y+1+z-2=0hay: x+y+2z-3=0.

¢) Tam dudng tron ngoai ti€p tam gidc déu ABC la trong tim G cua tam
gidc do, vay :

G—4+l+1'_l+2_l'2+2+5
I 3 3 : 3

]:(2;0;3}.



Truc cta dudng tron ngoai tiép tam gidc ABC 14 duong thang di qua G, ¢c6
vecto chi phuong n(1;1:1) nén cé phuong trinh tham s6 la :

x=2+1
y=1t
=341

Pé 11.

Cdu 1. (h.78) a) Goi AH la dudng cao cua
hinh it dién déu ABCD thi AH la truc cia ca hai
dudng tron ngoai tiép tam gidc BCD va tam gidc
B'C'D’, Boi vay néu goi I 1 giao diém cia dudng
thing AH vi mit phing trung truc ctia doan thang
BB thiIB=IC =1ID=IB"=1C"=ID’, hay 6 diém
B, C, D, B', C’, D' nam trén mat ciu tam [ bdn
kinh /B.

Goi K 1a trung diém BB’ thi tir hai tam gidc
vuong dong dang AIK va ABH ta ¢6 :

a\.‘!g Ja

K _AK _ . _BHAK 3~ 7 32
BH ~ AH AH a6 g
3
Viy :
ﬂaz az lIﬂr2
B2 =IK* + KR =2+ 2= :
o 32 T16 32

Bin kinh mat ciu
a1l _ a2
R=1IB= = :
w2 8
b) Hai hinh chép D.BCC'B’ va D.ABC ¢6 chung chiéu cao, con dién tich
hinh thang BCC'B’ bang 3/4 dién tich tam gidc ABC, boi viy thé tich V hinh
chop D.BCCB' 1a :

lalﬁ {J'\J'rg B ﬂ‘j'v'ri

3 31
F= =1 = —.—. < = — —
V'=q"asco = 350 A0 =343 16




Cdu 2. Gia sit mit ciu § co phuong trinh :

X+ },3 + 22+ 2ax + 2by +2cz+d = 0.

Vi mit ciu di qua A. A, B, C nén toa do cic diém dé phai thod min phuong
trinh mit cau, tic l1a :
4+4a+d=0

36 =

+12a+d =0 - g=—4,b=—z.f'=_3d=|2'
9+ 6b+d=0 2 2
16 +8 +d=0

Viy phuong trinh mat cdu la :
X +}': g —8x=Ty-Tz+12=0.

Toa do cdc diém B’ va C' ciing thoa min phuong trinh trén nén cdc diém doé
cling nam trén mét cau.

b) Goi diém G la trong tam tam gidc A'B'C' nén

4
G—[E.Ejl)ﬁ

ta co AB =(-2;3:0), AC =(-2:0; 4).

Vi AB.OG =0 ; AC.0G =0nén OG L AC,0G L AB do d6 OG L mp(ABC).
Vi tir dién OABC ¢6 ba canh OA, OB, OC d6i mot vuong goe nén néu H 1a truc
tim cua tam gidc ABC thi OH L mp(ABC) vay ba diém OHG nam trén mot
dudmg thing.

Phuong trinh dudng thing dé la :

ko wy ook ik
ST = My eSEs
3
¢) Mat phang (ABC) c6 phuong trinh
X Y. B , _
~5+—§+3 1 hay 3x+2y+2z=6.

Mat phing (A’B'C") ¢6 phuong trinh
'g"+§+§;=1 hay 2x + 3y +3z=12.
Giao tuyén A ciia hai mat phiang (ABC") va (A'B'C) gébm nhiing diém co toa
do thoa man hé phuong trinh :
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3x+2y+2z=6
2x +3y +3z=12.
Cho z = thi hé phuong trinh trén tuong duong vdi

6
3,\:'[-2}?:6_2’- J_‘i_ =_§
—
2y +3v =12 -3¢ l 24
' y=" -t
5
Vay phuong trinh tham sé cua dudng thfing Ala
——
TR
24
=75
z=1{

Bé 111
Céu I. (h. 79)
a) Goi N’ 1a diém d6i xing véi N qua tam O

cta hinh hop. Khi dé mit phiing (@) cit hinh hop
theo thi€t dién 1a hinh binh hanh DNB'N".

b) Tam O cua hinh hop cling 1a tdm hinh
binh hinh DNB'N', b&i vay mat phang (o) chia
hinh hop thanh hai khoi da dién H,., H, doi xing
vdi nhau qua tam O. Boi vay hai khoi da dién do
bang nhau,

Hinh 79

¢) Goi V Ia thé tich kh6i hop da cho thi thé tich Vg ciia khéi da dién H, |‘a"?

con thé tich V4 4.pp cua khoi td dién AA'BD bang r& Suy ra VH, =3V 48D

Cdu 2.
a) Khoang cdch tir diém A(1 ; =3 ; 1) t6i truc Ox la

d = +J(=3)2 +12 =410.

Khodng cdch tir diém B(-2 ; 1 ; 3) t6i truc Ox 1a

d' =3 +1% = Jﬁ

Viy hai khoang cdch dé biang nhau.

T



b) Vi diém C nam trén Oz nén C=(0:0: ¢c) khidé CA = (1:-3: —1 —¢),
CB = (=2 : 1:3—¢). Tam gifc ABC vuong tai C khi va chi khi
CB.CA=0 hay -2-3+(1-c)3-¢)=0.
Vay ¢ - 2¢ -8 =0, do d6 ¢ = 4 hoiic ¢ = -2.
Ta c6 hai diém thoa min yéu céu
C,=(0;0;4)vaC,=(0;0;-2).
c) AB = (=3:4:4), dudng thfmg di qua AB c6 phuong trinh tham so6 1a

x=1-3t
y=-3+4t.
z=1+ 4t
d) Mat cdu cin tim ¢6 tam / ndm trén mat phing (Oxy) nén
F=(a;b;0)
Mit cdu di qua O, A, B nén
Ol = Al = Bl
Nhur vay :

o1* = A’ -~ @ +b=-a’ +(=3-b)7"+1

oI* = BI* at +b* =(2-a) +(1-by +9
2a+6h+11=0
da-2b+14 =0

.
10

b=

Suy ra tam / cua mat céu cé toa do la

53 15
I(Tﬂ‘?jl

Ban kinh r cia mat cau la

j |
-3 (18 [ai0s
’_m—\/(m] +( 5] V710

Viay mat ciu cé phuong trinh

b+ET+ﬂ+ET+;_ﬂE
kT I3 T 00

a =
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