PAP SO — HUONG DAN

ON TAP CUOI NAM

L ax’ - 2a+Dx+a+2=0(a=0).

a) Vi téng cdc hé s6 cia phuong trinh bang 0 va a # 0 nén phuong trinh

ludn ¢6 har nghiém thuc la

_TI =I;_1-2=I+_r

da

.

b)S=x+x =2+—;

d
2
P=xx,=1+—.
* a
RorangP =§-1.

2

Khao sit su bién thién va vé dé thicua S =2 + = 3

Téap xdc dinh : R \ {0}.
2

.= —m 0, Va # 0 nén ham s& nghich bién trén timg khoang (—= : 0)
va (0 ; f—ocu]_ S

o

5

S

Tiém can dimg a =0 ;

Tiém can ngang§ = 2.

Hinh 70
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Giaovéi Oa : 5 =0= a = -1.
Dé thi cia S 1a (C,) (Hinh 70 nét lién).

Tinh tién do6 thi (C,) song song véi truc tung xudng dudi mot don vi, ta
duge do thi (C,) cua P (Hinh 70 nét dit).

I
2 _v=-§.~:~”+m-—1)x2+(a+3}.x-4.
a) Khi a =0
X
_}-‘=—%I3—IE+31—4.
Tap xdc dinh : R.
[ 2 ) .'ﬁ‘=|
y==x"-2x+3;y=0&
Xy
S - -3 1 oo Hinh 71
ha - 0 + B =
y 0o

=
T T

Do thi : (H.71).

b) Vi tich phéan tir —a dén @ cia ham lé bang 0 nen:

| |
S= I[%f Gea® Bl 4}:]1 = j(xz + 4)dx
-1 = |
1

1 3
= 2{(4‘2 + 4}[1x = 2[% + 4.'{]

0
(*) Nhér doi bién sé x = -1, ta ching minh duge
‘ i
oo 12] Flody, néu 13 hdum sd chin
..{,“”‘“ =10
0, néu L hivm sa e,
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3. a) Dé dé thi chia him s6 di qua hai diém A(1 ; 2) va B(-2 ; —1), ta phai c6

2=1+a+b+1 a+b=0 a=1
= P
{-l=—8+4a-—25+1 {2a-b=3 {b=—l.

b) Khao sat su bién thién va vé do thi cua ham sé

_}'=x3+_r2—x+l,
x=-1 h
_'y"=3.r2+2_r—lj yV=0& 1 -
X==
3 /
Bing bién thién 2
| 22
X —00 -1 E +a 27
Y’ + 0 - 0 + [ -1 0 11 :
2 22 o0
_m = 5
Hinh 72

D6 thi : (H.72).

1
)V = TEI(_IJ X —x+ l)zd_r
0

I
= ﬂj[xﬁ +20° =% +3x% = 2x+ Ddx
0

—ﬂ£+£~£+r3—r3+r‘l—134“
- 73 5 7 o T 105

4 2

4. s(i) =%— £ % % —3t. Van tdc va gia toc lan luot 1a

v = o T a(1}=3r2 —6t+1.
T dov(2)=-5;a(2)=1.

b)Tacéd v(t)=£ —3t>+1-3 = (t* +1)(t=3), nén v(t) =0khit=3.

11



5. a) y=x4+ax2+b ; }*'=4x3+2a.r;
y'(1)y=0 4+2a=0 a=-2

| —

a va b phai thoa min =

byy= xt —%,!:2 + 1.

Tap xdc dinh : .

¥ = 4y —x = x{4x2 -1} :

yVi

oo

=T I ]

3 = 0 #= 0 = + 1

.

0] [

0 l a0
AR B W 4
16 16

D6 thi : (H.73).

Hinh 73

! 1

2
3 1 1
— fﬂ. 10“‘5 =0 1{'———2
|
1{}:@.
Do d6, ba tiép diém 1 (0 ; 1) [i-l ety
3 » )y JE’ » Jil
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Vay ta c6 cdc phuong trinh tiép tuyén sau :

-‘|r|=1.

o b

[r—iJ+] hay}!—i+l'
2 V2 27

[ ]

(o

Il
5 -

- v=——l {r+—] )+1 hayvz——'t +l
TR R ISR
§ gt
x+m-—1
x—=2
d)m—2=>}—x+l.

Tap xdc dinh : R \ {=1}.

3 s . .,
y'= 5 > 0, Vx # —1 nén hiam s6 dong bién trén timg khoang (-0 ; —1),
(x + 1)

(—1; +9c). Ham s6 khong c¢o cuc tri.

Ham s6 c6 tiém can ding x = =1 va tiém can ngangy =1,

X —0 -1 +00 ¥4

y' + +

Y 1/ ” —% / | 1] 1
Giao diém vai truc Ox tai (2; 0) ; -1 o :_vff"—"}
Giao diém vai true Oy tai (0 ; =2). -
D6 thi : H. 74.

o il
b}DlémM(a;ZTJ, a=-—1":

Hinh 74

3
fla) =

(@+ 1)
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Phuong trinh tiép tuyén d c6 dang

a) Ban doc tu khdo sét su bién thién va vé dé thi (C) cia ham s6.

b) Hoanh do6 giao diém ctia (C) véi d6 thi ham s6 y = x* + 1 1a nghiém cta
phuong trinh :

=x2+1 2= +1D2-x) véi x =2

2—-x
2 A=
S x(-x"+2x-1)=0<
x=1:
Tacd f'(x) = ;
2 -2y

ex=0=y=1va f(0)= % = phuong trinh té€p tuyén c6 dang

y= lx +1:

2
* x=1= y=2va f'(1) =2 = phuong trinh ti€p tuyén c6 dang
y=2x-1)+2 hay y = 2x.

1 o) 4|
L)V_Hi(z—,) ﬂi[E—x}

) :4‘]‘5[1—%):2?[.
0

a) f(x)= 2% —3x% = 12x + 1 trén doan [—2 g ;]

Tacé f'(x)=6x" —6x—12 ;



fi=0xX-x-2=0c {:_
Tacod f(-1) =8, f(2)=-19, f(-2)=-3, f[;] = —3—23.
Viy gid tri nho nhit cua ham sd 1a f(2) = =19 ;
Gid tri 16n nhat la f(-1) = 8.
b) f(x)= v lnx trén doan [1; e].
Tach fix)y=2xlnx+ x ;
f'(x) > 0,¥x e[l;e] nén fix) dong bién.
Do d6, gid tri nho nhit 1a f(1) = 0 ; gid tri 16n nhét 1 f(e) = e*.
¢) fi{x)=xe™ trén [0 ; +o0).
fllx)y=e" —xe™ =e (1 -x),

f=0cx=1.

Tméﬂm=&ﬂ0=é;mnﬂﬂ=&

X—+m
Tir bang bién thién suy ra gid tri nho nhit 1A f(0) =0 ; gia tri 16n nhat 1a
1
%

f) =

st

d) f(x)=2sinx +sin2x trén doan {D : 3%[]

"(x) = 2cosx+2cos2x = 2(cosx +2cos> x—1) ;
g

cosxy = -} X==

Fi(x)=0< 2cos’r+cosx -1 =0 | o .
COSX = — g 2

2 3

1



176

Viy gia tri nho nhat la f(%n) = -2 ; Gia tri 16n nhit 1a f(%] = %

a) Dat + = 13" (£ > 0), ta ¢6 phuong trinh 13> — ¢ — 12 = 0. Giai phuong
trinh nay, ta tim duoc mot nghiém + = 1 thoa man diéu kién 1 > 0.

Do dé, phuong trinh da cho twong duwong véi phuong trinh 13* =1,

Viy nghiém cua phuong trinh di cho lax = 0.

b) Chia hai vé ctia phuong trinh cho 6" (6" > 0), ta dugc
[E]‘ +1 L L+ 1(2]; = §
2 (i & TN

X
batr = (%) (t > 0), ta c6 phuong trinh (¢ + 1)(1 + %} =8

e —4+3=0.
Phuong trinh nay ¢6 hai nghiém duong 1, =1, 1, = 3.

Viy phuong trinh da cho c6 hai nghiém x; =0, x, = log, 3.
2
¢) Véi diéu kién x > 2, ta ¢6 phuong trinh
2log;(x = 2).logs x = 2logs(x —2)
< logy(x — 2).(logsx = 1) =0
|Dg3{.1' = 2} = ﬂ =3
> =
logsx =1 X =J.
(Ca hai nghiém déu thoa man diéu kién).
d) Véi diéu kiénx > 0, dit ¢ = log, x, ta c6 phuong trinh t* - 5¢ + 6 = 0.

Giai phuong trinh nay, ta tim dugce hai nghiém # =2, t, = 3.Tir d6 suy ra

hai nghiém tuong tng cua phuong trinh da cho la x;, = 4, x, = 8.



10. a) Bat phuong trinh di cho tuong duong voi

EH;EG

7

3y . 2t -3
Dmr=[§](;}m.MmﬂmummmgMM1: lzu
; 3
&ﬂ{f{lhﬂacfi_}i.

Viy nghiém cua bit phuong trinh di cho 1a x < 0 hoac x = 1.

G,
“=1>0
b) Bit phuong trinh da cho tuong duong véi hé :
log,(x* = 1) <0

L 5
o ] ext <2
3
»¥=-1<1

<> — 42 < x < -1 hoac 1< x <2
Vay tap nghiém cia bat phuong trinh da cho la (—\5; - l) U (1:4/2).
¢) Vi diéu kién x > 0, dat 1 = log.x, ta c6 bat phuong trinh
?+3-4201<-4hoicr21 < 0<x<10™* hoac x = 10,

]u[lﬂ;+ o0 ).

. A . I
Vay 1 hiém cua bat ph trinhdachola | 0; ——
1y tdp nghiém cua bt phuong trinh da cho ( 10000

1
1—=1t 1

d) Véi diéu kiénx > 0, datr = log, x, ta ¢ bat phuong trinh ey <
=32
< — >
¢4{I+r]_[}¢ t < -1 hoic =1

@[}{I{%hﬂi}.c x=2,

i

Viay tiap nghiém cua bat phuong trinh da cho la (ﬂ : %) U [2 :+o0).
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1
11. a)Dit u=1Inx, dv=x3dx = du = E,r = E\’TE Do do
v 2

G 3
e 4 4
_[q"r_;ln_rd_x = E\L\.'ﬁ Inx|° 4 3 = i{Seﬁ +1).
: 3 1 9 9
) _ody ;
b) bat u=x, dv=——— = du = dx,v = —cotx. Do d6
sin” x
o T m
= 1 ey —
I Ad; = —xcotx 2 + 1n|sin_1r| - = ﬂ + In 2.
s x T n 6
6 6 6
c)bat u=n —x,dv =sinxdx = du = —dx,v = —cosx. Do dé

L
j(:ﬂ: — x)sinxdx = —(m — x)cosx )
0 0

m

—sinx| =m

d)Pat u=2x+3,dv=e 'dvx = du=2dx,v =—-e ", Dodé

{0
[{zx +3)e " dr = —(2x + 3" ¢
] o

12. a) Dat u = cns(% — 4::]:*:1' = 45in(%—4x} Khi x=0 thi u= %

; K o N3
Khi x—ﬁlhl = 2.D0d6
N
3 n [ 2du | % 1
{I&l’][?“q-,t]dx_zl—i:El[liﬂl : =*§IH3
3 2
b) Pat x=itanr:ad.r= Bdi . Khi _1'=£ thi .=‘=£. Khi x == thi
5 Scos”t 6

r=§-.Dndﬁ
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3 | T
[ ) B o llwellE O.x
FY-IET paeeiVatund by WY o W
B 6 6

c) Pat u =cosx=du = —sinxdv. Khi x=0 thi u=1. Khi x =§ thi

u = 0. Dodo
m
2 0 0 7 5
34 (2 Ay o6 4va (W w02
jsm xcos” xdx —I(u D du = J{a I }du—[ =5 JI =35
0 | 1
: 2 dx
d)bit u=+1+tanxy hay w =1+tanx = 2udu = %
COs8™ X
Khi x:—% thi u = 0. Khi _1'=§ thi u = 2. Do d6
13
T A1+ tanx A ?Mzdu B Euﬁ \E B 4\5
* cos” x UH 3 0 3
3
C6 thé tinh tich phan bing cich dat u =1+ tanx = u' = ——.
COs5 X

Khi x = —; thi u = 0. Khi x =g thi u = 2. Do d6

i

1 5 2 2 319
J'Jl+iﬂn'\'1r=ju?dﬂ=guz _ 42
x  COS™ X 2 3o 3
i

13. a) HD : Dién tich hinh phing Ia

2 3
S = I{x3+l]dx =(L+.r] = 6.

']-"
1
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e
I Inxdx.

a
b) HD : Dién tich hinh phiang 14 § = —I]nxdr +
1 1

e

dr

Dat u =Inx, dv =dx = du = e Ta co

J‘Inxd_r =xlnx —Id‘r =x(lnx-1+C.

I
l+ﬂmx—nr=2@—l}
) | e

]

Dodé S =-x(lnx-=1)

14. HD : Giao diém cuta hai d6 thi la nghiém cta hé phuong trinh

2 256

0 35

& :rrj[{ltz]z —{,r]’jz}di.':ni(élxd—_rﬁ)dl = n(%ﬂ %x?)

2-5)+4+T70)
a 3+ 2i

=]

Z

15. a) 3+ 2)z-(@4+T)=2-5 &

- . 6+ 2i ¢>v—33—34
ST 3420 T3 137

b) (7-30z+(2+3)=(5-4i)z <= (B-4i-T+3)z=2+3i

¢) Phuong trinhdachocd A'=1-13 = 12i* nén z =14 2\@1'.

d) Pat ¢ = z° ta c6 phuong trinh bac hai > —1 -6 =0 véi hai nghiém la
t = =2t = 3. Viy phuong trinh da cho ¢6 bon nghiém la

:1.2 = i’\jg, 3314 = i\ﬁr

180



16. Giasirsé phiccodang: z = x+ yi; x,y € R;i* =-1.

- ) >
Taco|z<2 & P +y' <2 o P +y° <4

Viy tap hop diém biéu dién s6 phic z ¢c6 médun nho hon 2 12 hinh tron ¢6
tam tai goc toa do, ban kinh 2 (khéng ké bién).

b) Tacé z—i=x+(y—1)i nén

=<1 o YP+o-1P <1 o F+p-D <l

Viy tap hop diém biéu dién sé phiic z dd cho 1a hinh tron cé tam tai diém
I(0 : 1), ban kinh 1.

c)Tacd z—=1-i=(x-1)+(y—1)i nén

r-1-i<l & Ja-D+@-D <l -2 +@-12 <1

Viy tap hop diém biéu dién s6 phiic z di cho 12 hinh tron ¢6 tam tai diém
I(1 ; 1), ban kinh 1 (khong ké bién).
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