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QUAN HE SONG SONG

A - KIEN THUC €O BAN VA BE BAI

§1. Pai cuong vé dudng thdng vé mdt phdng

| - CAC KIEN THUC CO BAN
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1. Cdc tinh chdt thita nhdn

a) C6 mot va chi mot duong thang di qua hai diém phan biét cho tricéc.

b) Cé mét va chi mét mdt phang di qua ba diém khong thang hang cho trudc.
¢) Tén tai bon diém khong cing nam trén méot mdt phdang.

d) Néu hai mdt phang phan biét ¢é6 mot diém chung thi chiing c¢é mot
dwong thang chung duy nhdt chita tdt cd cde diém chung ctia hai mdt
phéng do.

e) Trén méi mdt phang, cdc két qud da biét trong hinh hoc phang déu diing.

2. Dinh li

Néu mot duong thang di qua hai diém phan biét ciia mot mdt phdng thi
moi diém ciia duong thang déu ndm trén mdt phang do.

3. Cdc diéu kién xdc dinh mdr phdng

Mot mdt phang dwoc xdc dinh néu biét mot trong ba diéu kién sau day :

a) Di qua ba diém khong thang hang ;

b) Pi qua mét dicong thang va mot diém khong thuée duong thiang do ;

¢) Pi qua hai dwong thdang cdt nhau.

4. Hinh chép cé ddy la mot da gide va cde mdt bén déu la tam gidc co
chung mot dinh (dinh ciua hinh chop).

5. Hinh tir dién ABCD la hinh gom bon tam giac ABC, ACD, ABD, BCD,
trong dé A, B, C, D la bén diém khong déng phdng.
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Chiing minh ring : Mot mit phang va mot dudng thing khong nim trén
mat phiang d6 c6 khong qud mot diém chung.

Cho mat phiang (P) va ba diém A, B, C nam ngoai mp(P). Gia sit doan
thang AB va doan thing BC déu ciat mp(P). Ching minh ring doan thang
AC khong cat mp(P).

Cho n diém (n = 4) trong dé khong cé bén diém nao déng phang. Ching
minh rang khong c6 ba diém nao trong chiing thing hang.

Cho n diém (n > 4) trong d6 bat ki bén diém nao ciing dong phang. Ching
to ring n diém d6 déng phing.

Cho bén diém A, B, C, D khéng dong phang. Hai diém phan biét M, N
nam trén doan thang AB va hai diém phéan biét /. J nam trén doan thang
CD. Ching minh ring bon diém M, N, I, J khong dong phing.

Cho hai diém c6 dinh A, B nim vé hai phia ctia mp(P) ¢6 dinh. Goi M la
mot diém chuyén dong bit ki trong khong gian. Chimg minh ring néu hai
dwong thing MA, MB l4n lugt cit mp(P) tai hai diém A', B' phan biét thi
dudng thang A'B' di qua mot diém ¢6 dinh.

Cho bon diém khéong dong phang A, B, C, D. Goi M, N lin luot la trung
diém ciia AC va BC. Trén doan BD 14y diém P sao cho BP = 2PD.

a) Tim giao diém cua duong thang CD v6i mp(MNP).

b) Tim giao tuyén clia hai mat phang (MNP) va (ABD).

Cho bén diém khong déng phing A, B, C, D. Goi M, N lin luot la trung
diém cua AD va BC.

a) Xdc dinh giao tuyén cha hai mat phang (MBC) va (NDA).

b) Cho I, J 1a hai diém ldn luot nam trén hai doan thang AB va AC. Xic
dinh giao tuyén ctia hai mat phiang (MBC) va (IJD).

Cho ba tia Ox, Qy, Oz. Trén céc tia Ox, Oy, Oz lin luot 1dy céc cap diém A
va A', B va B', C va C' sao cho BC cat B'C' tai M, CA cat C'A' tai N va AB
cit A'B' tai /. Chitng minh ba diém M, N, I thang hang.

Cho bon diém A, B, C, D khong dong phang. Goi [, K theo thit tu Ia hai
diém trong cla cdc tam gidgc ABC va BCD. Gia sit dudng thing /K cit mat
phing (ACD) tai J. Hay xdc dinh giao diém J d6.

Cho bén diém khong dong phing A, B, C, D ; G la trong tim cia tam gidc
ACD. Cic diém M, N, P lan luot thudc cdc doan thang AB, AC, AD sao cho
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MA NC PD 1

MB NA PA 2
Goi /, J 1an luot li cdc giao diém cla dudng thang MN véi BC va MP véi BD.
a) Chiing minh ring cdc dudng thing MG, PI, NJ déng phing.
b) Goi E, F lan luot 1a cdc trung diém cua CD, NI ; H 1a giao diém cia MG
vGi BE ; K la giao diém cta GF v6i mp(BCD). Chiing minh rang cac diém
H. K, I, J thing hang.
Cho hinh chép S.ABCD. Trén canh SC 1dy mot diém E khéng tring vdi hai
diém S va C.
a) Tim giao diém F cla dudng thing SD v6i mp(ABE).

b) Gia st AB khong song song vGi CD, hiy chitng minh ba dudng thang
AB, CD va EF dong quy.

Cho hinh chép S.ABCD cé dday 1a mot hinh binh hanh, O 14 tam cua day ;
M, N lan luot 1a trung diém ctia SA, SC. Goi (P) 1a mat phang qua M, N va B.

a) Tim giao tuyén cuia mat phang (P) vdi cic mat phang (SAB), (SBC).

b) Tim giao diém / cua duong thang SO véi mp(P) va giao diém K cia
duong thang SD v6i mp(P).

¢) Xdc dinh giao tuyén ctia mit phiang (P) véi mit phing (SAD) vad mit
phing (SDC).

d) Xdc dinh cdc giao diém E, F cla cic dudng thing DA, DC véi mat
phang (P) va ching to ring ba diém E, B, F thang hang.

Cho tit dién ABCD. Hay xdc dinh thiét dién cta hinh tif dién ABCD khi cat
boi mat phang (MNI) trong cic truong hop dudi day (h.49) :

a) b) )

Hinh 49

Cho hinh chép S.ABCD ¢6 diy la hinh thang (AB // CD, AB > CD). Goi I, J
theo thit tu 1a trung diém cia cdc canh SB va SC.
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a) Xdc dinh giao tuyén chia hai mat phang (SAD) va (SBC).

b) Tim giao diém cta dudng thang SD v6i mp(ALS).

¢) Xic dinh thiét dién cua hinh chép S.ABCD cat bai mp(ALT).

Cho hinh chép ti gidgc S.ABCD ; A la mot dudng thang nam trong
mp(ABCD) sao cho A song song véi BD, M la trung diém canh SA. Hay
xdc dinh thiét dién ctia hinh chép S.ABCD khi cat béi mp(M, A) trong cic
trudng hop sau day :

a) A khong ciit canh nao cta diy ABCD.,

b) A di qua diém C.

¢) A cat hai canh BC va CD tai hai diém [ va J.

d) A cat hai canh AB va AD tai hai diém I' va J'.

Cho it dién ABCD. Goi E 1a diém déi xing cua A qua diem C. Xac dinh
thi€t dién ctia hinh t dién khi cit boi mat phing di qua B, E vi mot diém
F trong cic truong hop sau day :

a) F nam trén doan CD va khong trung véi C va D.

b) F nam trong tam gidc ACD.

¢) F nam trong doan thang DD' (D' 1 trong tam cua tam gidic ABC).

Cho hinh chép S.ABCD c6 diy la ti gidc 16i. Mat phang (P) di qua SA va
chia ddy hinh chop thanh hai phan c6 dién tich bang nhau. Hay xdc dinh
thié€t dién ctia hinh chép khi cat bai mp(P).

Cho tir dién déu ABCD ¢6 canh bang a. Goi I 1a trung diém cua AD, J 1a
diém doi xing véi D qua C, K 14 diém doi xing véi D qua B,

a) Xdc dinh thiét dién cua hinh 1 dién khi cit boi mp(//K).

b) Tinh dién tich thiét dién duoc xdc dinh o cau a).

Cho tt dién ABCD thoa man diéu kién AB.CD = AC.BD = AD.BC. Chimng
minh ring cdc duong thang di qua méi dinh va tam dudng tron noi tiép cua
mat d6i dién dong quy tai mot diém.

Cho tit dién ABCD. Hai diém M, N lin luot nam trén hai canh AB va AC

$a0 cho% # % Mot miat phang (P) thay déi luon chita MN, cit céc

canh CD va BD lan luot tai E va F.
a) Chiing minh rang dudng thang EF luén di qua mot diém c6 dinh.



b) Tim tap hop giao diem [ cia ME va NF.
¢) Tim tap hop giao diém J cha MF va NE,



