§5. Phép chiéu song song
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(h.111)

a) Qua BC ta dung mo6t mat phang
(P) khong di qua A. Trong mat
phang (P) ta dung tam gidc céan

BCA, (BA, = CA,). Khi d6, phép
chiéu song song lén mp(P) theo
phuong chiéu / = AA, bién tam gidc
ABC thanh tam gidc can A|BC.

b) Trong (P) & cau a), ta dung tam
gidc déu BCA, va chon phuong chiéu
[ = AA,.

¢) Trong (P) & cau a), ta dung tam
gidc vuong BCA; {m =90%) va
chon phuong chiéu / = AA;.

(h.112)

Vi phuong chiéu / 1a duong thang
AB nén hinh chiéu cua doan thang
AB la giao diém cla AB va (P).
Dodé ABn(P)=A"=8B.

C va D c6 hinh chiéu la C" va D"
Viy hinh chiéu cua ta dién ABCD
1én mp(P) theo phuong chiéu AB la
tam gidc A'C'D".

(h.113)

Chon mat phing chiéu (P) qua C,
va khong chia A. Goi O la tam
cua hinh hop. Khi dé hinh chiéu
cua cdc diém A, O, C, la diém C,.
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Hinh chiéu cta doan thang B,D la doan thang B'D' nhan C; lam trung diém,
Hinh chiéu ctia doan thing CA, la doan thang C'A' nhan C, lam trung diém.
Hinh chiéu cta doan thing BD, la doan thang B'D" nhan C, lam trung diém.
Vay hinh chiéu coa hinh hop ABCD.A |B,C,D, lén mp(P) theo phuong chiéu
AC| 1a luc gidc A'B'B"C'D'D" c6 cdc canh d6i song song va bang nhau,
Thong thuong la mot hinh tir gidc ABCD va hai duong chéo AC, BD co cac
nét khudt, nét lién,

(h.114)

Truée hét, ta tim giao diém cla duong
thang PM vé&i mat phing (ABCD).
Goi P, la hinh chiéu song song cua
P trén mp(ABCD) theo phuong
chi€u AA'. Khi d6 PM cit P A tai [.
Vi / thudéc mp(ABCD) nén IN cat
AB tai K. Goi E la giao di€ém cua
KM v6i A'B'. N6i E véi P cat A'D'
va B'C' lan lugt tai F va G. Vay
thiét dién la ngi gidac MKNGF.
(h.115)

Goi (P) la mat phang di qua AA' va
song song voi BB'. Theo dinh 1i Ta-lét,
ta cing c6 CC' // mp(P). Xét phép
chiéu song song 1én mp(P) theo
phuong chiéu d, ta dugc hinh chiéu
cua A", B', C' tuong ing 1a A", B,, C,.
Khi d6 ba diém A, B,, C,
thang hang. Ta cé C'C, // CA va vi
CC' // mp(P) nén giao tuyén AC,
cua mp(CC'C A) véi mp(P) song
song voi CC'. Do do tir gidc CC'CA la hinh binh hanh, nén AC, = CC".
Tuwong tuv nhu vay, ta cling chitng minh duoc AB, = BB'. Ta phai ching
minh AA' + AC, > 2AB,.

That vay, vi B' a trung diém cta A'C' nén B, la trung diém cua canh A'C,
cia tam gidc AA'C,. Tur d6 dé thay tong hai canh AA' vd AC, trong tam
gidac AA'C, 16n hon hai lan trung tuyén mg vdi canh thi ba.
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(h.116)
a) Gia str da dung duoc duong thang A
can tim cat ca AN va BA'. Goi I, J
lan luot 1a giao diém cua A véi AN
va BA'.

Xét phép chiéu song song lén
mp(ABCD) theo phuong chiéu A'B.
Khi d6 ba diém J, I, M lan luot co
hinh chiéu l1a B, I' va M. Do do ba
diém B, I', M thang hang. Goi N' la
hinh chiéu cua N thi AN' 1a hinh chiéu cia AN. Vi I thuéc AN nén I' thudc
AN'. Vay I' 1a giao diém cta BM va AN,

Hinh 116

Tir phan tich & trén ta c6 thé dung dudng thang A theo cédc budc sau day :

— Lay giao diém I' ctia AN' va BM.

— Trong mp(ANN') dung II' // NN' (da c6 NN' [/ CD") cat AN tai [.

— V& dudng thing M1, d6 la dudng thang A cdn tim.

Dé chitng minh duoc, dudng thing A néi trén cit BA'.

b) Dé thay MC=CN

suy ra MN'=CD = AB.

Do d6 [' 1a trung diém ctia BM.

Mit khac 1T // JB, nén II' 1a duong trung binh cua tam giac MBJ, suy ra
IM

IM=1] = =1,
I

(h.117)

a) Gia su da xac dinh duogc duong
thing A cat AC, va BA, lan luot tai
Ival.

Xét phép chiéu song song lén
mp(ABB,A,) theo phuong chiéu
DB,. Khi d6, hinh chiéu cia ba
diém thing hang A, I, C, ldn lugt la
ba diém thing hang A, J, K. Mat
khidc J thudc BA,, nén J chinh la
giﬂﬂ dlém cua AK va BAI. Hinh 117
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Tir d6, ta c6 cach dung duong thiang A theo cic budc sau day :

— Dung diém K 1a hinh chiéu cta C, (theo phuong chiéu D B,).

— Ldy giao diém J clia AK va BA,.

— Qua J dung duong thang A // C,K (did c6 C\K /| B,D,) ta dugc dudng
thang A cin tim.

b) Dé thiy A|B; = BjK = A K = 2AB (do A,B, = AB).

\ Al AB 1
VIAB//AK = o =28 =3

Matkhic I/ // C,K = 2 - A _ ] :;A“"_é:%.

IC, JK 2

(h.118)

a) Gia st M, N, P lan luot la cac
diém trong cta cic mat phang
(ABCD), (ABB'A"), (ADD'A") xac
dinh nhu hinh vé. Trudc hét ta tim
giao diém [ «cua PN véi
mp(ABCD). Ta xét phép chiéu
song song lén mp(ABCD) theo
phuong chiéu AA'. Cic diém N, P
c6 hinh chiéu lan luot la N, P,
(N, € AB, P, € AD). Khi do [ la
giao diém clia PN vé6i P|N,. Hinh 118

Trong mp(ABCD) néi I va M lan lugt cat DA, DC va CBtai K, L, G.
Trong mit phiang (AA'D'D) néi K va P cat AA' tai H.

Trong mat phing (AA'B'B) néi H va N cit BB' tai E,

Trong mit phing (BCC'B") néi E va G cit CC' tai F.

Vay thiét dién la ngii gidc EFLKH.

b) Lam tuong tu nhu ciu a).



67. (h.119)

Hinh 119
a) Phan tich
Gia sir da dung duoge tam gidc ABC ¢6 ba dinh A, B, C lan luot nam trén ba dudng
thiang a, b, ¢ d6i mot chéo nhau cho trude v nhan diém G 1Am trong tam.
Ly cac diém A,, B, C, ldn luot nam trén a, b, ¢ va goi (P) 1a mp(A,B,C)).
Xét phép chiéu song song 1én mp(P) theo phuong chi€u 1a dudng thang a.
Goi tam gidc A;B'C' 1a hinh chiéu cua tam giic ABC. Khi do6 trong tim G’
cua tam gidc A;B'C' 1a hinh chiéu cua trong tam G cua tam giic ABC,
trung diém /' ciia B'C' 14 hinh chiéu cta trung diém / cta BC.,
Vay khi da chon (P) thi cic diém A,, G' dung dugc va do do I' ciing dung
dugc. Ta chi cdn dung hai diém B' va C' sao cho tam gidc A B'C' nhan G'
lam trong tam v6i B' € by, C' € ¢| (b}, ¢; lan luot la hinh chiéu cua b va ¢).
b) Cach dung
Liy ba diém A, B, C; tuy ysaocho A; € ¢, B; € b, C; € .
Xdc dinh mat phang (P) 1a mat phang di qua ba diém A, B, C,.
Dung cdc hinh chi€u by, ¢, cua b va ¢ trén (P) theo phuong chiéu a va
dung hinh chiéu G' ctia diém G.

Trong mp(P), dung diém I' sao cho A/’ = %AiG".

Trong mp(P), dung diém B' € b, C' € ¢, sao cho I' la trung diém cta B'C".
Dung diém B € b, C € ¢ sao cho BB' [/ CC' // a.

Dung diém I € BC sao cho IT' // a, hay I 1a trung diém cla BC.

Trong mp(a, II') dung dudng thang IG cat a tai A.

Dung tam gidc ABC véi ba diém A, B, C vira dung duogc.
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¢) Chitng minh

Vi AA, IGG I IT
nen o —Aljl =t
AG ~ AG' 2

suy ra G la trong tim tam giic ABC.
d) Bién ludn. Bai toan c6é mot nghiém hinh.



