GOI'Y ON TAP CUOINAM (3 tiét)

[ - GOI Y TO CHUC ON TAP CUOI NAM

I -

Theo quy dinh, viéc 6n tap va kiém tra cudi nam duge thue hién trong 3 tiét,
trong d6 phai danh 1 tiét cho kiém tra (cling vdi hinh hoc). Do dé viée on tap
chi con lai 2 tiét. Vi thoi gian do, khong thé on tip moi vin dé trong chuong
trinh. Trong 2 tiét 6n tap, gido vién nén danh chi yéu cho viéc hudng din giai
bai tap ; thong qua dé ma phat hién cdc 16 hong kién thic cta hoc sinh va kip
thiti khic phuc.

Trong SGK di cho 25 bai tap on tip cudi nam. Pay 1a cdc bai tap duge chon
loc phit hgp véi yéu céu cia chuong trinh, bao quit duge hiu hét cic kién thic
cén thiét va khong qud kho. Gido vién nén yéu ciu hoc sinh lam tit ca cdc bai
tap niy o nhi. Trén 16p, tuy theo trinh do, nang lue, diéu kién cha hoc sinh ma
gido vién lua chon ndi dung cua tiét hoc ciing nhu cic bai tap can chira cho
hoc sinh.

GOl Y TRA LOI CAU HOI VA BAI TAP ON TAP CUOI NAM
a) sing = %\#z 2 ;cnsg = %«JE 4402 Goi y. 25injg = ] —C{}SE_

b) sinx + I:JE— 1)cosx =44 — ZxE sin{,r + g']=\l'4 — 2\;‘5 cns(x - 1—”)

Viy C =+4 - 242 . Goi y. Sit dung két qua phén a) chi ¥ ring

I \.|'2+\E = CO5— VA
2 -2

1 _1 n
2 2 8 A

-l\l' =sinE.
4-22 2 8

tanxy = cot2x < cos3x = 0 vdi diéu kién ! 0
cosx sin2y # 0. Ta ¢6 cac nghiém

'
ﬁ

2=

E+ km va —g+ km. Cic nghiém duoe biéu dién
thanh bén diém C, C', D, D' nhu hinh 1. Hinh 1
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3n
Y===11%
4
Vay min P(x) = 3.
4 p P - 1 ' in
b) Q(x) = — = 4 (dang thuic xay ra, chang han khi x = £—).
sin” 2x 4

Vay min Q(x) =4.

CIR(X)=P(x)+Q(x) = 4-— ¥l (dang thiic xay ra, chang han khi x = _3%‘: Fe

Vay min R(x) =4 - 2+/2 .

a)x= il +k£.
8 4

AT 4 il 2.2 . 2 2
Goi ¥. sin'x + cos x = (sin"x + cos " x)” — 2sin“x cos™x

+ —cos 4x.

1
4

B w

Sl = s e (] <o
4
bx=L 4kl x=%
4 2
7 . ; |
Goi y. sin“2x — sin’x =(1 - casglr} “5 (1 —cos 2x)

= - cnszlr+ lcns 11'+l.
2 2

e)a= )‘cg . Ggi y. cos 3x = cos (x +2x).

Dx=2 + kL y=wr
g 2

Geiy. tan 2x —sin 2x + cos 2x — 1 =tan 2x (1 —cos 2x) — (1 — cos 2x)
= (tan 2x — 1)(1 — cos 2x).

a) x=+a - 40" + £360° véi cusa:—%‘



o B e,
12 48 4

Goi v. 3 cos 5x + sin 5x = 2[%{:95& + %sin 5.1;] =2 ::c:-s[g - 51],

T
c)x= Z + km , x = arctan2 + k.

a) x = k21 Goi y. Dat y = tace 2y’ —3y+1=0,

COs5 X

2
1 —cos™ x

2

n s o
b)x=n+ki2n,x=— +im. Goi y. tan’x =
4 1 —sin” x

c) x = k% (k € Z, k khong chia hét cho 3).

a) 3! = 6 khd nang. Goi y. Mbi cich xép 3 ngudi vio 3 toa, moi toa mot nguoi
la mot hodn vi cia tap hop 3 hanh khich.

b) Co C? = 3 ciich chon hai hanh khich di chung toa. Vdi moi cich dy lai ¢o
3 cich chon toa tau cho ho. Vay ¢6 3.3 =9 cach chon hai hanh khich va toa
tiu cho ho di chung. Mbi cich dy, hanh khéch thit ba ¢6 thé chon mot trong
hai toa tau con lai. Ap dung quy tic nhan, ta ¢6 9.2 = 18 kha nang c6 thé
Xay ra.

nin—1)

. Goi ¥. V6i hai phan tir x vid y clia A sao cho x > y, ta chi lap duoc

mot cap duy nhét (x, y) thoa min dé bai. Do d6 méi cap nhu viy cé thé xem la

mot 16 hop chip 2 ctia n phin .

a) SO truong hop cé thé FaC,zﬁ. S6 truong hop it dugc ca hai vién bi den
2

; ; g L | S :
IﬁCE . Do d6 xdc sudt dé rit duge 2 vién bi den la—2 = —, S6 trudng hop rit
Cie
dugc 1 vién bi trang, 1 vién bi den IEC-';.,CE =42, Do do xdc sudt rit dugc 1
N — .42
vién bi trang, 1 vién bi den [A—— = —7-
C:, 20

16
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b) S6 trudng hop c6 thé [AC),. S6 trudng hop rit duge 3 vién bi do la

C% = 1. Vay xdc sudt rit duge 3 vién bi do Iﬁ% = . . Theo quy tac nhén,
‘ Cjs 360
tacd 7.6.3 =126 cich chon 3 vién bi ¢6 3 mau khic nhau. Viy xdc sudt rit
S AT 1 ; 12 9
dugc 3 vién bi €6 3 mau khac nhau Ia—:j = —,
Cis 40

a) E(X) = 5.96.
b) Diém trung binh khi vin dong vién do ban 48 Idn 12 48 . 5.96 = 286.08.
b) Ggi . Chitng minh bing phuong phdp quy nap, sir dung cong thiic

7 T 1 T
cos =—|1+cos—|.
2ﬂ+] 2( 2.??]

a) Goi y. Chimg minh bing phuong phip quy nap

b) Goi y. Dua vao két qua phén a), xét hién u, ., — u

e

Dé ¥ ring (u,) 1a mot ¢iip s6 cong 6 s6 hang ddu u, = 5 vi cong sai d = -2,
ta duoc

a)u, =7 -2n;

Dé v ring (u,) 12 mot cip s6 nhan c6 s6 hang ddu u, = 2 va cong boi g = 3,
ta dugc
a)yu,=23""";
b) Sj9=3""-1.
6 2
X3 W) =S5 D Gy =~y |
(i) =03:1),( }}(13 I?J

Goi v, Dua vao dinh 11 1, §3 va dinh 1i 1, §4, chuong IV ta lap hé phuong trinh
nhin (x ; ¥) lam nghiém, réi gidi hé do.

a)1; b) 0 ;

¢) +oo . Goi y. Chia ca tt va mau cho n.

b . .
d) m—s . Goi ¥. Chia ca tlr va miu cho 7".



17. a) +o=; b) —oo ;

2
] : 41
c) Ilm( n4+n2+l—n2)=11m il

'JH4 +n 41 +n*

= lim A 2

JI'F l,lr+—]4- +1
n- "

' 2
. | . \in2+2n+n . 1+;+I
d) lim =lim = lim : =1
Nt +2n-n 2n -

| 4
18. 4, =12:g9=— hodcu, =3 :g=—.
l 4 5 e 1 3
Got y. Bai todn dan dén giai hé phuong trinh
12
qiy =—
(4nla ¢ va u, véi | g| < 1).
M _ s
I-q

|
19. a)2; b)—: c)l: do;
) )lﬂ ) )

e) Véi moi x <0, ta ¢6 l‘\/z,f‘ +4x7 +3 =—‘j2;f2 +4+ i . Do dé

X

X
1 2 >
. '\/2.¥4+4x*+3 _ ;\,2,1 +4x° +3
lim = lm =
X—»—co 2'1 +1 prarncl 2 . I
x
—J2x2 +4+
= lim : XY
X——0ca 2 22
*

Y. - 2 v
V2 . Goi 3. Vi moi x> 0, ta c6 2 + 1) |2+ =J<2ft+n Gty

:
2x%° + x 2+ x

g) 4o,
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h) 0. Goi y. V5% + 1 — xaf5= l :
V52 +1+x4/5
I Vol +x+1+x

)2.Goi y. - .
*./xz+x+l-,r x+1

Do lim fix) =—eenéncosd ¢<0saochofie)<0.Do lim flx) =+eonén

X—y=oa X —doo

co 56 > 0 sao cho i) > 0. Ham 56 flx) = X +ax® + bx + ¢ lien tuc trén &

chita doan [er ; ] nén theo dinh 1i vé gid tri trung gian cia ham s6 lién tuc,
ton tai s6 d € [a; B sao cho fid) = 0. D6 chinh 1a nghiém cta phuong trinh

fx) =0.

: a 2 b ¢
a] y'= x + X+
Lz+h a+h (a+h]);}
_2 b ¢ _2a+b’-c
a+b  a+b (a+b)x’ (a+bx*

3 3

; 3 :

h)}":ri(,r?‘ —L} + 3] {312 + —4) = 12[13 -—% + 3} [12 + Ld]
X X X X

: 3o g o= 2 G s
c) ¥y '=3x"cos x —x sin 2x = x (3cos x — xsin 2x).

dyy'= L cosv4+x*.

4+ x*

|
1-— 3
e_]}llz X i

stz(.\' + l]\]l + l,ar{x + l] 2x? cos® (x - l)‘jl + lan(x + I—)
X X X X

1

alm=—,.
=g

o

Goiy. Tacoy' = 3mx” + 2x + 1 1a binh phuong cua mot nhi thire bac nhat
Im > 0,

khi va chi khi
A'=1-3m=0.



23.

24.

by m < (.

1
c)m>—.
) 4

Goi v. Yéu cdu cua dau bai khong thoda man néu m = 0. Vi m # 0, 1a cd

— g s | O,
y'> (0 vdi moi x khi va chi khi
A'=1-3m <0,
T
Ay x=mn+k2r ;x=+ ;+k2ﬂ'

Goiy. Tacoy'=cos 2x + cos x=2cosx +cos x — 1.
b}r—kz—ﬂ: = 2;1: L% v6i tancr = 2.

Goiy. Tac6y'=3cos 3x + 6sin 3x = 3.

Dodé y'=0 < cos 3x + 2sin 3x = 1. Pay 1a phuong trinh bac nhat doi véi

sin 3x va cos 3x.

Véi moi x #0, ta co
1
fliix) = G vl
X
1
a) Phuong trinh ti€p tuyén (T) tai diém A(a —J la
o
y= "L,}(I-a}'i'i hay y = v-sz-i-E.
a a i a
b) Ta nhan thiy 1(2a; 0), .I[D : EJ. -"
o
Kiém tra dé dang ring diém A(a lJ 1 }'f
ol
trung diém cua doan thing 1/ Ll ,A
Tir d6 suy ra cich vé tiép wyén () : Do la ! N
dudng thang 1/ (h. 2). o % BE R
c) Dién tich tam gidc OLJ la Hinh 2

s =—loiljos| = ~{2a.>

2& —‘ 2 (don vi dién tich).
a
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Vi § khong phu thude vao a nén dién tich tam gidc O khong phu thude vao
vi tri clia diém A € (H).

Ngudi quan sit thiy duge diém M néu M thudc phin parabol nim trong goc
tao bdi hai ti€p tuyén cia parabol di qua P(2 ; 0). Diéu d6 wrong duong véi bit
dang thiic kép a; < m < a, ; trong d6 m la hoanh d6 cta diém M, a; v a, la
hoanh do hai tiép diém. Ta cén xdc dinh a; va a,.

Cach 1. Véimoixe R, tacod

y =217,
Viy phuong trinh tiép tuyén cta parabol tai tiép diém M (a ; —a" +17a—66) Ia
y=(=2a+17) (x—a) + (-a" + 17a - 66),
hay y=(=2a+17)x+a" - 66.
Vi tiép tuyen di qua P(2 ; 0) nén ta co
0=(=2a+17).2+a" - 66,
hay a” —4a —32=0. Suy raa;=—4vaa,=8.
Viy ngudi quan sit ¢é thé nhin duge cic diém M thudc parabol di cho néu
hoanh do cua M thudc doan [—4 ; 8].
Cdch 2. Phuong trinh duding thing (d) di qua P(2 ; 0) v6i hé s6 goc bing k 1a
v=klx~=2).
Dé (d) 1a tiép tuyén ciia parabol y = —x* + 17x — 66 thi ta phai co

-x* +17x = 66 = k(x - 2),

=2x+17=k
Khir £, ta duoc

2 Hn = —4

-4 -32=0¢&
Xy = 8.

(x, va x, chinh 12 hai hoanh do ti€p diém clia hai tiép tuyén ké tir P(2 ; 0) dén
parabol da cho).
Viy ngudi quan sdt ¢ thé nhin dugce cic diém M thudc parabol di cho, néu
hoanh do diém M thuoc doan [—4 ; 8].



