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PUONG TRON

1 - MUC TIEU

- Viét duge phuong trinh duong tron trong mét so treong hop don gidn,

— Xidc dinh duoc tdm va bdn kinh ctia dudng tron ¢d phuong trinh dang

(r—x) + - yp) =K. (1)
Biét dugce khi nao phuong trinh
.\.‘2 - }-‘2 +2ax+2by+c=0 (2)

la phuong trinh dudng tron va chi ra dugce tim, ban kinh cua duong tron do.

— Viét duge phuong trinh tiép tuyén clia dudng tron khi biét mot diém
thuodc ti€p tuyén hoac phuong cua ti€p tuyén do.

11 - NHUNG PIEM CAN LUU Y

1.
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Phuong trinh dudng tron duge xay dung nhu trong SGK Hinh hoc 12 chinh 1i
nam 2000 va ¢6 hai dang (1), (2) noi trén.

So vai SGK Hinh hoc trude day, SGK lin nay c¢6 hai thay doi :

Thit nhit, khong trinh bay biéu thifc toa do phuong tich ctia mot diém doi vai
dudng tron vit phuong trinh truc dang phuong cta hai dudng tron khong déng
tam. Nhimg diéu d6 duogc dua vio bai tip nham lién hé vdi chuong I1.

Thit hai, SGK lin nay c6 dua cdc bai todn, vi du vé tim phuong trinh tiép
tuyén cua duong tron. Gido vién cin yéu ciu cdic em nhé cich tim phuong
trinh tiép tuyén va diéu co ban la cin rén luyén ki ning thong qua cdc vi
du, cdc bai toan.



111 - TRA LOI VA HUONG DAN HOAT DONG

a) Pudng tron ( #) tam P di qua Q ¢6 ban kinh Ia

R=P0= \((2+ 2}2 +(=3-3)% = J52.
Viy phuong trinh ctia ( 79 1a (x + 2]2 + (= 3}2 =52.
b) PO la dutng kinh nén bén kinh ciua dutng tron biang %FQ va thm cua
duong tron 1a trung diém cia doan PQ. Ta ¢

R= %ﬁ =13 ; trung diém ciia PQ 12 O(0 ; 0).

Viy phuong trinh dudmg tron 1a x° + y~ = 13.

) 2

Khi a* + b* < ¢ thi a* + b* — ¢ < 0, tap hop céc diém M 1a réng.

Khia” +bh° =cthia” +b° — ¢ =0, tap hop cdc diém M chi gébm mot di€m
coO toa do (—a ; =b).

Vay (2) chi 1a phuong trinh dudng tron khi a° + b° > ¢.

a), b) 1a phuong trinh cua dudng tron, c¢), d), e) khong la phuong trinh

dudng tron.
R
i 5 s 2 3 1 i g :
Dé thiy duong tron ( #) c6 tam :"(E D — EJ va di qua O(0 ; 0). Tiép tuyén

tai O ctia (#) 14 dudng thing di qua O va nhan OI lam vecto phdp tuyén.
Phuong trinh ti€p tuyén tai O la
%{.r =)= %{_}' —0)=0 hay3x—y=0.
4
Duong thing A' song song véi A ¢6 phuong trinh 3x — y + ¢ = 0 véi ¢ # 2.
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Pudng tron ¢6 tam /(2 ; —3), bdan kinh R = 1. Puting thang A’ 1a tiép tuyén
cua dudng tron kKhi va chi khi

dil ; AV =1 |3'2_{_3“_(1:1 o le+9l=4+/10

J10
=4 c'=—*}+ﬁ hoic ¢ =—9—Jﬁ.
Viy c6 hai tiép tuyén can tim vdi phuong trinh la

3x—y-9++10 =0va3x-y-9-+10 =0.
IV - TRA LOI CAU HOI VA GIAI BAI TAP

2 2
21. a) Diing, do a* + b2 —('=%+¥—D}ﬂ vp.

Céu b) va d) ding.

Ciu c) sai.

22. a) Bén kinh dudmg tron 12 R=1JA = {3 — 12 + (1 —3)2 = 22.

Phuong trinh duong tron la (x — l]2 + (v — 3}2 = 8.

b) Ban kinh dudng tron la R=d(/; A) = M = -\E

NG

Phuong trinh dudng tron [a (x +2)° +y> = 5.
23, a)I(1:1),R=2.
b) (25 3), R= 11.

1 : 33
¢) ‘{% : }J, R= E~J33 —8m® véi diéu kien |ml < /?
24. Cdch 1. Chd ¥ dén toa do cia ba diém, tam gidc MNP 1a tam gidc vuong
dinh N, dudng tron ngoai ti€p tam gidc c6 dudng kinh MP.
Cdach 2. Goi I(a ; b) vi R lan luot 1a tam va bdn kinh cua dudng tron cin
tim. Khi do6 phuong trinh dudng tron c6 dang

(X~ .:;']l2 (3= h}?' = R2
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Do dudng tron di qua M, N, P nén ta c6 hé

(1-a) +(=2-bY = R (1"
(1-a)? +(@2-b)? = R (2"
G=a’ +2=p° = B~ (3"

Dé dang giai duoc hé bing cdch trir theo vé& (1') va (2') ; (2') va (3') dé tim
a, b. Sau dé thay a, b vira tim dugc vio mot trong cic phuong trinh dé dé
tim k.

Chii y. Gido vién cin hmu ¥ hoc sinh tranh khai trién ba phuong trinh trén
lam cho viéc giai trd nén phiic tap.

Cdch 3. Viét phuong trinh hai dudng trung truc, chang han cia MN va NP
réi giai hé phuong trinh dé tim toa do tam.

3 =5
PS:(x-3)+y =8.

. a) D& y ring diém (2 ; 1) nim trong géc xOy nén dudng tron qua diém (2 ; 1)

chi ¢6 thé tiép xic v&i hai truc ldn lugt tai cdc diém thudc céc tia Ox, Oy.
Tir d6, néu goi I(a ; b) v R lan luogt 14 tim va ban kinh cta dudng tron thi
phuong trinh cia dutng tron la

2 2 2 .
(x—a)y +(y—b)" =R"viia=0,b>0.
Vi duong tron ti€ép xtc voi Ox vi Oy néna =b =R,
Két hop véi diéu kién dudmg tron di qua diém (2 ; 1) ta c6 phuong trinh :
{2—a}2+(1 —a}?=az¢:~a= ] ja=5
Véi a = | ta c6 phuong trinh dudng tron 1a (x — 1)° + (y — 1)* = 1.
Vi a = 5 ta ¢6 phuong trinh dudng tron 1 (x — 5)° + (v — 5)% = 25.
Chii y. Néu khong cé nhan xét ban diu (a > 0, b > 0) ta phai giai hé
2-a)? +(1-b? =a?
lal = |h|
Khi @ = b ta dugc két qua trén. Khi ¢ = —b hé vo nghiém.
b) Tuong tu nhu cau a), phuong trinh dudng tron tiép xdc vdi Ox c6 dang

(x—a) +(y - b)Y =b".
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Tir diéu kién duong tron di qua hai diém da cho, ta cé hé :

A-a) +(1-h? =5 (1
1-a)? +(@—-b)? = b, (2)

Giai hé phuong trinh, ta tim dugc a =3, b = g hoica=-1;b= %

Viy ¢6 hai duong tron cén tim la :

2
{.r—3]3+(y—§] _25

4

2
2 5 25
x+1) +|y——=]| =—-
L

. Thay x, y tir phuong trinh tham s6 ctia A vao phuong trinh dudmg tron, ta duoc
2% +(t—4)7° =16
L=

@5;2—5_-:;:0&
lI‘:

th|oo O

Ung vdi cdc gid tri im dugc cla 1, ta ¢6 hai giao diém clia A va (#) 1a (1 ; -2)

[21 EJ
vVl | — == s
5 5

. Puong tron co tam O(0 ; 0), ban kinh R = 2.

a) Tiép tuyén cin tim c6 phuong trinh 3x —y + ¢ =0, ¢ # 17. Sit dung diéu
kién ti€p xic, ta co

~|—{-;I~=2 o (‘=12Jﬁ.

J10
DS :3x—y+ 2310 =0va3x—y— 2410 =0.
b) Ti€ép tuyén cin tim ¢6 phuong trinh 2x = y 4+ ¢ = 0. Tir d6 ta ¢6 :

l(--F—=2 . ('=i2w‘{§.

Js
DS :2x—y+ 245 =0va2x—y—- 245 =0.



28.

29.

¢) Tiép tuyén cén tim c6 phuong trinh ;
a(x—2) + by +2) =0 (a° + b> #0).
; |-2a + 24|
Tir diéu kién ti€p xic, ta ¢60 —————= =2 vadidén a.h =0.
Va® + b?
Néu a = 0 thi b # 0, ta dugc tiép tuyén y + 2 = (.
Néu b = 0 thi @ # 0, ta duge tiép tuyén x — 2 = 0.
Pudmg tron (@) 6 tam 1a 1 = (2 ; —1) va bén kinh R = 2.
lm + 5|
J1o

. T do ta co

Khoang cich tir / dén duong thang A bing

— A cét (‘€) khi va chi khi

Im + 5|
V10

— A ti€p xtic v6i (€) khi va chi khi m = -5 + 24/10.

{2@—5—2@{&:{-54-2@

— A va (€) khong cé diém chung khi va chi khi
m < -5 - 2410 hoac m = ~5+z~jﬁ,
Toa do giao diém clia hai dudng tron (néu ¢d) 1a nghiém cua hé phuong trinh
{xi +}'2 +2x+2y—-1=0
o yz -2x+42y-7=0.

Trir ting v& hai phuong trinh trén ta duge 4x + 6 = 0, suy ra x = —%,

3 o m
Thay x = - 5 vao phuong trinh dau dan dén

-

7
_v2+2y— — =0
4

_Bepafi]
== =,

Phuong trinh c6 hai nghiém

Viy ¢6 hai giao diém vdi toa do la :

[_3,—2+Jﬁ} Vﬁ[_g z+~.fﬁ]_

pi 2

2 2
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