ON TAP CHUGNG II

I - MUC TIEU

1.
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Hoc sinh nhd lai duge nhitng kién thie co ban nhat da hoc trong chuong :
Gid tri luong gidc cha cdc goc tir 0” dén 180°, dinh nghia tich vé huéng cta
hai vecto, dinh Ii c6sin, dinh li sin trong tam gidc, cong thire do dai trung

tuyén va cic cong thire tinh dién tich tam gidc.



Hoc sinh van dung duge ciac dinh 1i cosin, dinh 1i sin trong tam gidc, cong
thic do dai trung tuyén va dién tich tam gidc vao cdc bai todn ching minh,
tinh todn hinh hoc va giai quyét moét so bai todn thuc té.

Vé ki nang, & nhiing noi ¢é diéu kién, hoc sinh budc dau biét sir dung
MTBT dé tinh todn.

I1 - NHONG PIEM CAN LUU Y

1.

111

Yéu cau hoc sinh lam viéc trude & nha : Ty minh tra 131 cdc cau hoi o
kiém tra va chuén bi cdc bai tap.

Trén 16p, thay gido thong qua mot vai bai tap dé on luyén cho hoc sinh,
khong di sau vao viéc tinh todn qué cu thé.

Cho hoc sinh lam bai kiém tra 45"
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Vay :

e Néu k* > GA® + GB* + GC? thi tap hop cdc diém M l1a dudng tron tam G
ban kinh

\/E - GA® - GB* - GC*
3
e Néu k> = GA® + GB® + GC* thi tap hop céc diém M gém chi mot diém G.
e Néu k> < GA”+ GB® + GC” thi tap hop cdc diém M la tap réng.
Goi O la tam cua hinh binh hanh ABCD, ta c6
MA® + MB* + MC* + MD* = i

2

& (MO + OA)* + (MO + OB)* + (MO + OC)* + (MO + OD)* = k
& 4MO* + OA% + OB + 0C? + OD* + 2MO.(OA + OB + OC + OD) = k2

o MO” = %(E - 204% - 208*).
Ta ¢6 két ludn tuong tu nhu hai bai tap trén.

e e A

a) AI.CC' = ;_[;43 + A8").(aC - AC) =

(AB.AC’ - AB.AC + AB'.AC’ - AB’.AC)

P3| =

= l(ﬁf = EE] (vi cdc goc BAC va B’AC" la nhiing géc vuong)

]

- %(AB,AC',ms;équ‘ — AB.AC.cos BAC) = 0 (vi AB = AC. AB’ = AC’ va

BAC' = B'AC).
Vay Al L CC’. Ching minh twong tu ta cé AJ L BB’

b) BC'.B'C = (aC’ — aB).(AC - AB’)
— AC'.AC — AC".AB’ — AB.AC + AB.AB’

= A_‘{:”‘E + EE



— AC"AC.cosCAC’ + ABAB' . cos BAB’
= 0 (vi hai géc BAB' va CAC" bu nhau).

5. Lap hé truc toa do vubéng géc véi goc tring véi )
diém A sao cho B=(a ; 0), D = (0 ; a) (h. 29). D i ¢
a) Ta co M=(E;EJ. =[E a], U
4 2
2 2
BM = (Eﬁa) L@ _ a0 ®
16 4 A=0 B 1
2 .
BN — ‘j[% B ﬂJ i ag _ ﬂf' Hinh 29

b) Tir két qua ciia ciu a) suy ra tam gidac BMN vuong cin tai M.

a\fﬁ am B Saz

TR
TR BT § 16
IC NC 1 .. ..
¢) Hai tam gidc JCN va IAB dong dang nén — = — = —. Turdo suy ra
/A BA 2
ic=Lac =92,
3 3

d) Trong tam giac BDN ta co
BN a5 3 a5 _ af10

R = e e
2sinBDN  2.2.5in45° 242 4

Lo 41+1.4 8
6. s(e,f) = e = 61°56'".
Lial e b JI{&+1.J1+1& 17 @1)=

1 + 4m). Vecta @ vuong goc vdi truc hoanh khi va chi khi

b)a =(4+m;
Gi=0=4+m=0cm=-4,
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)b =@n+1:n+4),7+]=(:1).Goi ¢la goc giita hai vecto b va
i+, tacd

(dn+1)+(n+4) - Sin+1) _
CAl@n+12 4+ 42 21702 + 160417

@ = 45° khi va chi khi

COsQp =

nz -l

5{n+l}:‘\’17n2 +16n+17 < 5 5
2507 +50n+25=17n" + 160+ 17

i = =1 ]
— 2 == -
4n” +17n+4 =0 4

(h. 30) Hai trung tuyén BE, CF vudng
gdc voi nhau tai trong tam G khi va
chi khi tam gidac GBC vudng tai G, hay

GM = %BC. Tir do

. V2 (aP A Foo B
(Em“) :[EJ : Hinh 30

Goi hai canh tam gidc 1a BC = a, AC = b, khido § = Eah,sm 5

Do a, b khong déi nén dién tich S 16n nhét khi vé chi khi sinC = 1 hay C =90,
S=plp—aXp-b)p-c) =24.1284 =96.

g
h,= E = E =16,
i 12
. 2
R = it " 12.16.20 - 10,
45 4,96
r= E = E = 4
p 24



10.

11.

12.

cosA b+ - d? a B + ¢ - a? b2+ % - g2
a) CotA = — = S A R= )
sin A 2bc 2R abc 45
Big o8 o8 3 o g R
b) ccntA+cutB+cotC:b = € i =R 2 L +b” —c
45 48 45

bz + (,2 + 512
45

(h. 31)
7o) = CE” = CA.CB,
Fey0y=CF*=CA.CB,
suy ra CE=CF.

a) Goi E, F theo thi tu 14 trung diém ctia AB, CD (h. 32). e
Tacbé AB®+CD* = QAE)* + 2CF)°
= 4(A0* - OE* + CO* - OF) L o
= 4(2R* - (OE* + OF*%) A
= 4(2R* - OP% \J
]

= 8R” — 40P” khong déi. Hinh 32

b) PA® + PB” + PC” + PD” = (PA + PB) + (PC + PD)’ — 2PA.PB — 2PC.PD
= (PA + PB)" + (PC + PD)* + 2PA .PB +2PC .PD

= AB” + CD” + 4F 0

= 8R> — 4PO” + 4(PO* - R

= 4R2, khong phu thudce vio vi tri clia diém P,

Pap an bai tap trac nghiém

1. (B) 2.(0) 3. (A) 4, (D)
5.(A) 6. (B) 7. (B) 8. (D)
9. (C) 10. (B) 11. (A) 12. (C)
13. (B) 14. (A) 15. (C) 16. (C)

81



