1.58. (h.1.70) Goi F la trung diém ctia canh AB, Ta ¢6 A

1.59.
1.60.

AE = AD + AF = E%Iﬁ

Vay TE=;+%;.

AB =-8. BA =8, AC =-9, BC =-1.

(Xem h.1.71)
a) A(=4:0), C(4:0), B0 ; 3), D0 ; =-3).

3
b)f2;—|, G(O;1).
}[ 2] (05:1)

3
| i I
c}[Z, 2]

F:[z;—%}, AD = (4:-3).

Vay AD =24l Suy ra ba diém A, I', D thiang hang.

d) AC =(8:0), BD = (0 —6), BC =(4;-3).

II- DE TOAN TONG HOP

1.61. (Xem hinh 1.72)
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yut+2=3 ¥4 =1
g ey —f—x. = Xo =—4
A'=C'B' = B — 1B

]._J'rB:ﬁ _}PB—_S
- X~+4=0 Y~ =-4
AFC: i'BF:: F C

iy
F v B
= -
i
u
v
D E c
Hinh 1.70
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Hinh 1.71
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b) Tinh toa d6 trong tam G, G’ cua tam giac ABC va A'B'C’ ta duoc
GO:; DvaG(0;1).
ViyG =G

-

1.62.a) a+b =(3:2), a-b =(1:-6), 2a+3b =(7:8).
b) Gid st ¢ = ha + kb . Khi 46

2h+k=5 h=2
==

Dh+4k=0 |k=1.
Vay c=2a+b.

1.63.2) u = (32423 —4.(=7): 3.1 + 2.(-4) — 4.2)
u=(40: -13).

b) x=b—c—a =B:-7.
c) ka+hb = (2k + 3h : k — 4h)
2} S T, {k:—z

;:k;+hg — -
k—4h=2 h=-1.

1.64. (Xem hinh 1.73)
Qua M ké céc dudng thang sau : KK, // AB, K5Ks [/ AC, K;K [/ BC
(K,.K, e BC:K;,K, € AC; K5, K; € AB). Taco:

Mﬁ+ME+MF=%[MK1 +MK2 +MK3 + MK 4 + MK ¢+ MKg)

—— ——— —_— A

= %{MA +MB+ MC)

(Vi MKAK,, MK,CK,, MK BK, 1a
cdc hinh binh hanh). Vay

Mﬁ+ME+MF=%.3M=%m.

Hinh 1.73
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1.65. Goi G vaG'lan lugt la tmng tam cédc tam gidc MPR va NQS Ta cé

GM+GP+GR=—-(GA+GB+GC +GD+GE+GF) =

GN+G'Q+G'S= E(G'B+G'C +GD+GE+GF+GA)=0.

Do dé
GA+GB+GC+GD+GE+GF = GA+GB+GC+GD+GE+GF

—

— 666G =0 =G=0".
1.66. (Xem hinh 1.74)

—_— —  —

RI+I0+PS= M+AJ+IB+BQ+PC+CS

(M+CS]+{M+IB)+(BQ+PC]

s
£
'
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1.67. (Xem hinh 1.75)

> l

a) Vat dimg yén la do Fl
V& hinh thoi MAEB ta ¢6 : F

AT
"}

Hinh 1.75
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Tam gidc MAB la tam gidc déu c6 duong cao MH =

*

10043
9

Suy ra ME = 10073 .
b) Luc F, = ME c6 cudng do 1a 1003 N.
Taco Fy+F; =0, dod6 F; 1A vecto d6i cha F, . Nhuvay F; c6 cuong do
12 100+/3 N va nguge hudng véi vecto ME .
1.68. (Xem hinh 1.76)

a) Ta c6 MN = MB + BN =%{EE+E}=%EE.

§=§5+5ﬁ=%(ﬁ+55) B
e Mﬂ\‘”
T Aﬂ / /\G
Suy ra m=§; V / M

MNJIQP Q@ P
b) T gidic MNPQ c6 | 1V 112 \M
MN = QP y

suy ra MNPQ la hinh binh hanh.
Suy ra MP = MN + Eé -

Hinh 1.76

1.69. 2) Taco AB =(3:4), AC =(6:8) = AC =2AB.
Vay A, B, C thiang hang.

b) MN = (2:4): MP =(3: 3), mﬂ%#%.

Vay M, N, P khong thing hang. e c

1.70. (Xem hinh 1.77) I
a) Eﬁ - EE =2MI

MB+MD =2MI A D

Viy MA+MC =MB+MD .

Hinh 1.77
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b) AB+AD = AC = |AB + AD| = AC

AB-AD = DB = |AB- AD|=DB.
Vi hai dudng chéo cuia hinh chit nhat dai bing nhau nén

|E§ + Iﬁ = |EE = Eﬁ ;
1.71. (Xem hinh 1.78)

a) Vi K 1a trung diém cha Bl nén AK =%(E§+E?] (1)

b) Vi I Ia trung diém ctia BC nén Al =%(E+ AC) ()
Thay (2) vio (1) ta c6 B
AK =~ [AB+_(AB+AC)]

l__.

AK = aB+Lac.
4 4

1.72. (Xem hinh 1.79) A > c
a) Goi H 1a trung diém AB ta c6 Hinh 1.78
A5y g
2 2
Vay tac6 A(1 ; V3)vaB(=1; V3).

OH = T

b) oc;:%OH:%\E,

G
Viy ta cé G[G;%} ‘

0 X

5 Hinh 1.79
IlI- BDE KIEM TRA

bel

—

Cau 1. a) Iﬁ+§5+55+55 = {AO+E§)+{§5+£_)5]
=0+ 0=0.
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b) AB+AD+AC = AC+AC =2AC.

—— g i

c) OC-0D=DC.

Cau2.a)a =(2:3): b) b =(5;-1); ¢) m =(0;—4).
Cau3.a) a =(-2;0)=-2(1;0)=-2¢,

= ava ‘TI. nguoc hudng. Viy ménh dé a) diing.

b) bung.
c) Sai.

Céu 4. ABCD la hinh binh hanh

—_— — xp—l=-4-3 Xp =6
<> AD=BC < =
yp+2=1-2 yp =-3.
Vay D(-6 ; -3).
bé 2
Caul.a) A4 ;-3); b)B(—4:3); c) C(—4 ;-3).
Cau 2. a) Bung ; b) Sai ; c¢) bring.
Caud.a)a =(12;7); by b=(1;-9);

¢)e=(m:10), v =(2:5)

& 5 m 10
¢ cung phuong vo1 v < E=? < m=4.

Caud.Tacé AB =(=3:2), AC =(1 : m=2).

A, B, C thing hang & ——="—2
3 2
& -3m+6=2

= M= —.,
3
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beé 3

b

Cau 1. a) Al =

13270,
2 8
b) AM = (1-x)AB+ xAC :

C) x=—.

-

—mp o

Cau 2. a) Ol =—(0OA +O0B) :

bd | =

b) OJ =(OC +0D) = l(%ag+@5§]
2 2\ oB OA

- L (kOB +k0A)=~kOI
2 2
== 5}' oJ ciing phuong = 0, I, J thang hang.

Cau 3. a) II'=BC (I’ 1a trung diém AB). Suy ra I 1a dinh thtt tu ctia hinh binh
hanh I'CBI.

b) MN = MA+3MB—2MC < MI = IN = MN qua diém I ¢6 dinh.

Caud. u=3MA-5MB +2MC
= 3(MA - MB) + 2(MC — MB)
u=3BA+2BC (khong déi).

72



TiCH V0 HUGNG CUA HAI VECTO
VA UNG DUNG

§1. GIA TRI LUONG GIAC CUA MOT GOC
BAT KI TU 0° PEN 180°

CAC KIEN THUC CAN NHO

}l’.ﬂ.

1. Pinh nghia : Vé6i mdi goc a 01

(0° < a < 180°) ta xdc dinh duogc M :

mot diém M trén nira dudng tron don S Y

vi (h. 2.1) sao cho YOM = a. Gid sir |

diém M c6 toa do 1a M(x, ; y,). Khi N -

dé (-1:0) x 0 {(1;0) =x
Hinh 2.1

e Tung do y, ctia diém M goi la sin ciia
goc a vadugc ki hiéu lasing =y,

e Hoanh do x, cia diém M goi la cosin ciia gée a va dugce ki hiéu la cosa = x,,.

e Ti s6 L véi X, # 0 goi la tang cua goc o va dugc ki hieu la

%o
}.1
tano = L.
X,
¥ - 't‘ﬂ S . i - ,- a # . -
e Ti s6 — voi y, # 0 goi la corang cua goc o va duge ki hieu la
ks
cot a= L.
Yo
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2. Cac hé thirc luong gidc

a) Gid tr1 luong giac cua hai goc b nhau
sina = sin (180° — &)
cosa =—cos (180" — a)
tana = —tan (180° — @)

cota = —cot (180" — a).

b) Cac hé thirc luong gidc co ban

Tur dinh nghia gia tri luong gidc cua goéc a ta suy ra cac hé thic :

<% 2
W sinTag+cos T a=1;

i = tana (a = 90°) ; ca.:-srx =cota(a=#0"; 180" ;
Cos @ sin ¢
|
W cota= : tana =
tan & cot &
m | +tan’a= iz : 1 +cot®a= o
cos” a sin” &
3. Gia tri luong gidc cua cac goc dac biét
a
Gid tri 0° 30° 45° 60° 90° 180°
lugng giic
; |
sin ¢ 0 — VE —‘E 1 0
2 2 2
, V3 2 I
COS @ 1 —= _ — 0 -1
2 2 2
1
tan o 0 " ! V3 \ 0
cota | 3 1 £ 0 |
: J3
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4. Goc gina hai vecto

Cho hai vecto @ va b déu khic vecto 0. Tir mot diém O bat ki ta vé
OA=a va OB=h. Khi dé goc AOB véi s6 do tir 0° dén 180" duoc goi la
géc giita hai vecto @ va b (h.2.2) va ki hieu 1 (a,5).

A

B ‘ﬂ

Hinh 2.2

B. DANG TOAN CO BAN

iii: Van dé 1

Tinh gia tri luong giac clia mét 6 goe dac bict

1. Phuwong phap
e Dua vio dinh nghia, tim tung do y, va hoanh do6 x, cia diém M trén nira
dudng tron don vi v6i géc xOM = a va tir do ta ¢ cic gid tri luong gidc :

y X
ctang= “L ; cota= L,

1]
Yo Yo

sing =y, ; cosa = X,

e Dua vio tinh chit : Hai goéc bu nhau ¢6 sin bang nhau va cé cosin, tang,
cotang doi nhau.

2. Cac vidu
Vi du 1. Cho géc a = 135°. Hay tinh sin &, cos «, tan « va cot a.
GIAI

V2

Tacd  sin 135° =sin (180°— 135%) =sin 45° = 5 |

V2

cos 135" = —cos (180" - 135") = —cos 45" = — 5 :
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