ON TAP CHUCNG III

I- CAU HOI VA BAI TAP

4

3.37. E}Gl—l == 3 CH(1L; =2), (=T 5 -1).

b) 1H = 3IG suy ra I, G, H thiang hang.
¢) (x+7) +(y+1)* =85.

338. a)AceA;BeA
b) Acit Oxtai M(2:;0);

[}:E

c) ViMe A nén toa do cua M cé dang (2 — 31 ;1)
W =(—3t:t—1}

Acat Oytai N
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u, =(—-3;1).

. ; bl ¥ 1
Tacé:BMngﬂnnhﬁlt;»BMJ.uh<:>9I+I—I=0<:>I:E*
B oo S P i i A
Vay diém M thoa man dé bai cotoaddla | — ; — |.
10 10
3.39. AB:x+2y-3=0;
AD :2x—y-6=0;
BC:2x—y+9=0.
3.40. (h3.11)a)Taco A(0O)=2>0 d
A(A) =2+2>0.

Viy A va O nam vé cing mot
phia doi vai A.

b) Goi O’ la diém d6i xing
cua O qua A, taco:

OM+MA=0M+MA=Z0A

Ta co : OM + MA ngan nhat
<> 0, M, A thang hang.

Hinh 3.11

Xét dudng thang d di qua O va vuong géc véi A. Phuong trinh clia d 13 :

x+y=0.
dcat Atai H(—1;1).

H la trung diém cta O0’, suy ra O'(—= 2 ; 2).
Phuong trinh dudng thing O’A la : x + 2y — 2 = 0.

r+2y=2
Giéi hé phuong trinh {“‘ YT taduge M= (—3; i].

x=y=-2 3" 3
s 5, 25 19 68
341. a)(€): xl—i-y" ——x——y+—=0.
3 47 8
23 . 1 5
b) (&) c6 tz’im![F; g] va c6 ban kinh R = ?—3.
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3.42. a) (1) la phuong trinh cta dudng tron khi va chi khi

a+b’-c>0 & m2+4(m—2)2 —6+m=>0

2 m<1
< Sm = 15m+10>0 <
m=>2.
. m. |X=m
b) (¢ ) cotam I(x ; y) thoa man < y=2x - 4.
m y=2(m-2}

- a f - - @ n ¥ PR e
Vay tap hop cic tam cua (¢ ) 1a mot phin cla dudng thang A 1 y =2x -4
thod man diéu kién gidi han : x < | hay x > 2.

IZ 1’2
343. a)(E): Z—+2 =1 ;
&) 5 4
{_2 y?
b)(E): —+—=1
) (E) 25 16
r2 ‘Ir’2
344, (E): — + — =
25 9
Tacé:a*=25.=9=>"=a-b* =16

=c=4.

Viy (E) c6 hai tiéu diém la Fi(-4:;0)vaF,(4:;0). Tacd:

d—dm‘ay*k4ﬂ+c
A S A i~
VAL + B
l4A +C|
= gy B = e
VA2 + B2
2 2
Suy ra d,.d, =w- (1)
A +B"

Thay C* =254+ 9B° vio (1) ta duoc

542 +982 —16A2]  9(A%+BY)
dy.dy= 2 2 e
A+ B A +B

Vay d.d,=9.
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3.45.

182

7 2
|}

’) ‘) X
AE):x¥+4v =16 & —+— =1,
J(E) . 672
Taco a =16, =d=>c’=a"-b"=12

:>c‘=2~,@.

Vay (E) c6 hai tiéu diém : F (-2/3 ; 0) vaF,(2+/3 ; 0)

va cic dinh A(—4;0),A,(4:0)
B,(0; -2), B,(0; 2).

b) Phuong trinh A ¢o6 dang :
’;.(.K—I‘,i+2.(y—%)=0 hay x+2y-2=0.

¢) Toa do cla giao diém ctua A va (E) 1a nghiém cta hé :

X +4y* =16 (1)
x=2-2y. (2)
Thay (2) vao (1) ta duoc :

Q-2 +4y" =16
SA-yY+y' =4
2y -2y -3=0. (3)

Phuong trinh (3) c6 hai nghiém y,, v, thod man

Yat¥p _2_1 _
2 4 2 m
Viy MA=MB.
Taco f-l_ﬁ —l+ﬁ
Y4 5 » ¥ 5
—1+\)"_ Xg —]—\ﬁ,

Vayﬂcétogd@]ﬁ[l+ﬁ; %],Bcﬁtogd@]ﬁ [1 7 ;

1+~Jr_

')



I DE TOAN TONG HOP
3.46. a)Pudng thing A qua M va vuong goc véi d cé phuong trinh Az x + y+ C = 0.

3.47.

AquaMnénC=-3.Vay A :x+y-3=0.
Toa do tam / ctia duong tron (€) 1a nghiém cha hé :
x+y=3=0
{A’—E}'—GZ{]

Bén kinh R=IM = 242 .

Phuong trinh dudng tron cdn tim ¢6 tam I(4 ; —1) va ¢6 bdn kinh R = 22
la: (x—4)7+(y+ 1) =8.

x=4
,:,{ = I(4;-1).
y=-=1

b) Pudng thiang m : x —y + 3 = 0. Tiép tuyén A’ véi (€ ) vuong goc véi
dudng thang m nén A’ ¢6 phuong trinh : x + y + ¢ = 0.
A’ 12 tiép tuyén v6i (€) < d[l; A’] =R

o dil: A']=R @H_l“':zﬁc{

V12412
Vay ¢6 hai tiép tuyén v6i (@) thod man yéu ciu bai todn ¢6 phuong trinh la :
Ajix+y+1=0
Ay ix+y=T7=0.

g ]
c=—1]

Goi I(a ; b) 12 tam cua (€).

Al =@—-1;b+6); Bl =(a+2:b-3); uy=(-1;2) I vecto chi
phuong cua A.

Al* = BI?

—_—

Taco6:IA=IB=RvalB 1 A=
H&+B}':D

o J@=D7+b+6)7 =(@+2)* +(b-3)
“1.(a+2)+2.(b=3=0
{5.5—135:24 {.:::—32
o
—a+2b=8 h=-12
Khi d6 R? = AP = (=33)” + (=6)> = 1125,
Vay (€): (x +32)% + (y + 12)* = 1125.

3.48.2) (€)cotamI(3;-2) vaR =5.
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b) Tiép tuyén A song song vdid = A :5x+ 12y +c=0(c # 2012)
A tiép xic véi (€) < dl; A)=R
[5.3+12.(=2)+(| c=T74

Vay A :5x+12y+74=0hay A :5x+ 12y - 56 =0.
3.49. Tacoa=8;:b=43 ;c=4: £=%.
a

= =5 & |c'—9|:65<:>[

2 2

M(x;y) €(E) < i () ;FM= g s FoM = g~
64 48 2 2]

Theo gi thiét ta c6 : 3+§ +2[8—%] =26 @24-%:26 o x=—4,

2

16y 2
Thay vao (1) duwogc —+—=1 <= yv"' =36 & yv= 16.
y (1) duc PRI y )

Vay M(—4 ; £6).

I(l:3)

350.2) (€): x> +y - 2x—6y+6=0 = (€)co
bankinhR=2

IM = 2 <R = M nim trong ().

b) Pudng thing (d cat dudng tron (€) tai hai diém A, B sao cho M 1a trung
diém ctia doan thang AB = d 1 IM tai M.

. quaM(2;4)
Phuong trinh dudng thang d : —
nhian IM =(1; 1)lam vecto phap tuyén

=d:1.x-2)+1.(y-4)=0
=>d:ix+y—-6=0.

2 2
3.51. (B): 2—+2
25

-1,
9

a=25=a=5

b =9=h=3
= =a’-b"=25-9=16 = c=4.
Do dai truc 16n : A,A, = 2a = 10 ; Do dai truc bé : B,B, = 2b = 6.
Tiéu cu: F\F,=2c =8.
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MF1 =a+£x=5+ir

b) M thuoe (E) = o

MF2=J—£I=5—£X
. a 3
1 1 8
i B uos, 100240
MF, MF, FF, 25
A=i5\/ﬁ }::iE
4 4
Vay : ¢6 bon diém thoa man yéu ciu bai toan Ia : M{i 515

3.52. (Xem hinh 3.12)

a) Buong tron (€)cétam (-2 ; —2) vabin kinh R = N
b) Dién tich tam gidc IAB la :

S=%IA,IBsinAIB g%nz —3.

Slonnhit © S=1

< sinAlB =1
< [IA | IB
R
< dl,A)=—
2

|-2—2m—2m+3|
=1

o (l—dmi=1+m

e 15m° —8m=0
8
<> m=0hay m=—.
15

3.53. (Xem hinh 3.13)

a) Goi H 1a hinh chiéu clia A trén A, suy ra H la trung diém BC.

AH =d(A, BC) = i ;

17

IS;i
4

f 2
l+m Hinh 3.12

d
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25 A
b) BC= —ABC 43
AH i
2 H
AB=AC = ,/AHZ+£ = ,/E.
4 3 B
Toa do diém B va C la nghiém cta hé :
2 2 97
(x+1)2 +(y-4)> ==
2 Hinh313 7

x—y-4=0.

o

Viy B[H:EJ,C(E;——] hoac B{i—j)c[ﬂi]
22 2 2 27 2 iy

3.54. (Xem hinh 3.14)

Goi N la diém d6i xing véi M qua 1, suy ra N(11 ; —1) va diém N thuoc
duong thang CD,

kL -3 3 5
Giai hé ta duge (v ; v) = [—,5) hoac (x; y) = (—;——].
5

EeA = E(x;5-x); IE =(x—6;3—x}v€1§§ =(x-11;6-x).
E la trung diém CD = IE 1 EN.
EEE =0 x-6)x-1D+B-x)N6—-x)=0
& x=b6hodcx=T, A M B

Véix=6 = IE =(0:-3),
phuong trinh AB : y —5=10.
Véix=7 = IE =(1;-4),

phuong trinh AB : x — 4y + 19 =0.

D N E C
Hinh 3.14
3.55. (Xem hinh 3.15)
GQiK(a;b);KE(C]@[a—2)2+b3=% (1);
(C,) tiép xtic A, ,A W el @)
1 Xuc A Y = a
G 2Tk sz
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3.56.

Tir (1) va (2) chota :
5(a—2)% +5b% =4
5]a—b|=|a—?h|

(1)

2 2 2 2 _
- Ma—2)"+5b" =4 @ ~ SMa-2)"+5b" =4
Ma—b)=a-Th Sla—b)=Tb—a

(vd nghiém) ;

2 =
1O o 25a” -20a+16=0
b=-2a

(')
a=2b 1

25h% —40b+16=0
@(a;h)=(§;ij.

a-bl 22 (€)
V2 3 Hinh 3.15

(I < { Aq

Bdn kinh (€)) : R:|

Tagoid :x—y+2=0va
dy:4x+3y—1=0.Goi H'(a ; b)
la diém d6i ximg cta H qua d,.
Khi d6 H’ thuéc dudng thing
AC (h.3.16).
u = (1: 1) la vecto chi phuong
ciady, HH' =(a+1;b+ 1)
vuong géc véi u va trung diém
J(E;E] cha HH’ thuoc
2 2

d;. Do dé toa do cia H' la Hinh 3.16
nghiém cta hé phuong trinh

l(a+1)+1.(b+1)=0

a-1 b-1 = H'(=3:1).

M W PR
2 2
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3‘57‘

3.58.

188

Dudng thang AC di qua H' vuong goc voi d, nén cé vecto phdp tuyén la
v =(3;-4), suy ra AC ¢6 phuong trinh la :
3x+3)-4(y-1)=0< 3x—-4y+13=0.
+ - * a % 3#1-_4V+13=[}
Toa do cua A 1a nghiém cua hé phuong trinh :
x—y+2=0

= AG ;7).
DPudng thang CH di qua H(-1 ; —1) véi vecto phdp tuyén 1a %Fﬁ =3:4)

nén co phuong trinh la: 3(x+ 1) +4y+1)=0 < 3x+4y+7=0.
Toa do cua C 1a nghiém cua hé phuong trinh
3x+4y+7=0 10 3
=l =—=—1—1.
3x—4y+13=0 3 4

ME&}=> M(2t+3 ;1.

Khodng cdch i M dén A, I d(M, A, ) = Z-F3 4]
oang cic n 3 d(M, = .
€ 2 2 NG
I B 1 5
dM, A,)= —=< Viy M(1 ; -1) hoac M| ——;——|.
M, 8))= = 5 Vay M (33)
3
(Xem hinh 3.17)
¥ A
B(0 ; b) d
I
e 0 Ala; 0) s
Hinh 3.17

AeOx,BeOy= Aa:0),B0:b), AB = (—a; b).
Vecto chi phuong cliad 1a u = (25 1).



Toa dé trung diém [ ctia AB 1a (%,g] .

A va B déi xung vai nhau qua d khi va chi khi

— —2a+b=0

ABu=10 a=2
= =

led Z=b+3=0 h=4.

Vay A(2:0), B(0 ; 4).

3.59. (Xem hinh 3.18)
Ta c6 M(~1; 0), N(1 ; =2), AC = (4 ; —4).
Giasu H(x;vy). Taco:

{Eﬁ LAC o {4{1+2]—4{}r+2)=0 o {_r =1

= H(1; 1).
4x+4(y-2)=0

y=1I

HeAC
Gia su phuong trinh dudng tron can tim la :
X +}-‘2 +2ax+2by+c=0 (1).

Thay toa do caa M, N, H vao (1) ta cé

hé diéu kién :
1
a=——
2a-c=1 12
2a-4b+c=-5 & b:E
2a+2b+c=-2 B N C
c=-2. Hinh 3.18

Viy phuong trinh dudng tron cén tim 1a £ y2 ~x+y—-2=0.

3.60. (Xem hinh 3.19)

Hinh 3.19
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ViBed,Ced,nénB(b;2-b),C(c;8—c)
Tam gidc ABC vudng can tai A
AB.AC =0 be—4b—-c+2=0 (b—=D(c—-4)=2
— — 3 5 3
(b—1)"—(c—4)" =3.

AB=AC b2 -2b=c*—8c+18

Patx=b-1,y=c—-4tacohé:

xy=2 ¥r=—2. |[x=2
5 4 & hoic
x"—y =3 y=—I }-‘:].

Vay B(-1;3), C(3 ; 5) hodac B(3 ; 1), C(5 ; 3).
3.61. (Xem hinh 3.20)

(€) c6 tam I(1 ; -2) va
bian kinh R = 3. Ta co
tam gidc PAB déu thi
IP=0lA =IR=06 &5 P
thuoc dudng tron (€'
tam [, ban kinh R = 6.
Trén d c6 duy nhit mot
diém P thoa man yéu ciu
bai todan khi va chi khi d
tiep xdc vai (€") tai P
< dl,d)=6

& m=19, m=-41.

3.62. (Xem hinh 3.21)

Hinh 3.20

=y

\m
.:-,,-.‘l

b

LR

d,

Hinh 3.21
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3.64.

ViA e d, = A 0.

Vi A va C doi xitng nhau qua BD va B, D € Oxnén C(t ; —1).
ViCednén2t—t-1=0 < r=1.Vay A(1; 1), C(1 ; -1).
IB=[A=]

Trung diém cua AC 1a /(1 ; 0). Vi [ la tam hinh vuéng nén
ID=IA=1]

Beox [Bb:;0) [[p-1=1 [b=0b=2
<> iy =
D eOx D(d;0)  ||ld-1|=1 d=0,d=2.
Suy ra B(O ; 0) va D(2 ; 0) hoac B(2 ; 0) va D(0 ; 0).
Vay bon dinh cua hinh vudng 1a A(1 ; 1), B(0; 0), C(1; -1), D(2; 0),
hoge A(L 5 1), B(2; 0), C(1 5 ~1), D(O; 0).

Goi tam cta (€ ') 1a I(a ; b) va ban kinh cta (€') 1a R,
(€ ) ti€p xiic v6i Oxtai A = a=2va |b| =R.
IB=5& (6-27+@-b7=25

o b -8+7=0< b=1,b=T.
Véia=2,b=1tacédudng ron (€): (x—2)" + (y— 1)" = 1.

Véia=2,b="7tacédudong tron (&) : (x - 2)* + (y — 7)> = 49.
(Xem hinh 3.22)
Pudng tron (€') co tam I(1 ; 1),
ban kinh R = 1.
ViM € dnén M(x; x + 3).
Yéu cdu cua bai todn tuong duong vai
MI=R+2R & (x- 1) +(x+2)°=9
&=l =2
Viy c6 hai diém M thoa min yéu ciu

bai todn 1a M(1 ; 4) va M(=2 : 1). Hinh 3.22

3.65. (Xem hinh 3.23)

Puong rhf:mg d co6 vecto phip tuyén la E = (1 ; —=1). Do d6 dutng thang A
di qua tam /(1 ; 2) va vudng goc vai d cd phuong trinh :

x—1 y=-2

" = —1 —~ X+¥— 3 =)
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Toa dé giao diém H cla d va A 13 nghiém @)
cua hé phuong trinh :

x—y-1=0 i
ol eSS He .
x+y-3=0 y=1
Goi J 1a diém déi xing cua I qua d. Khi d6 :
X =N pe X, =3
{J H 1 s aao,
Yy =2y~ =0
(€")
Vi (€ doi xiing voi (€') qua d nén (€)
¢6 tam 13 J(3 ; 0) va bdn kinh R = 2. Hinir 3.23
Do d6 (€) ¢6 phuong trinh 1a : (x — 3)* + > = 4.
Toa do cdc giao diém cha (€') va (€) la nghiém cta hé phuong trinh :
{u—l)2+(y—z)2 -4 {x—y—1=n
>

(x-3)% +y* =4 (=32 +y2 =4

y:.t_l [_‘(_’:L}J:O
— S =
2x°—8x+6=0 X =39 =2,

Viy toa do giao diém cha (&) va (€") 1A A(1 ; 0) va B(3 ; 2).

3.66. (Xem hinh 3.24)

.2

Khoang cdch tir / dén duong thing AB bang ?ﬁ

— AD=-/5 vaIA=IB = %

Do d6 A, B la cic giao diém cha dudong
thing AB véi dudng tron tam / va A H B

ban kinh R = %

Vay toa do A, B 1a nghiém cua hé :

x=2y+2=0 D\-/C
Y. g (5
X —E +y = E Hinh 3.24

Giai hé ta dugc A(=2:0), B(2:2) (vix, <0)
= C(3;0), D(-1; -2).




3.67. (Xem hinh 3.25)
Taco: BC n Ox=B(1;0).

Datx,=atacoAla:0)vixp=a = y-= \Ea—\@.
Vay C(a ; V3a—+3).

1
.IG = —[IA +.IB +.xc)

2a+1 3(a-1)

Tu cong thie ta co G[

1 3
YG =§(}’A +yg+ye)

LAC = \3]a~1

1 J3

3 2
SMEC :EAB+AC = T{H— l} i

MaAB = |a-1 ,BC = 2|a—1|. Do do6:

28 _ V3(a-1y :|ﬂ—§|:
AB+AC+BC  3la—1|+3la—1] V3+1

Vay |a-1]=2V3+2.

Tach r=

Truong hop 1. a, =23 +3$GI[

?+4w/§_6+2ﬁ]
% '

i

4f3-1 -6-23
3 L

Triong hop 2. a, = 23-1= G, [ 3

Ay

\Bn .0) A(a; 0)

=

].

0 \

Hinh 3.25
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3.68. Gia suir A(x, ; yg). Do A, B doi xing nhau qua Ox nén B(x; ; —yg).
Taco: AB® = 4_1’% vi AC? = (Xg —2)3 +}’(2]. .

2 2
X, X,
ViA € (E)nén Tﬂ-l-yﬁ =125 2 :1—%‘ (1)

ViAB = AC nén (xy—2)" +y5 =4y )
Thay (1) v (2) va rit gon ta duge 7xg —16x, +4=0<| -
Xg=1=
=

Vi x, =2 thay vao (1) taco y, =0. Truong hop nay loai viA = C.

43

: 2
Vaéi x,=— 5 thay vao (1) ta co y, _+—

i A[zi} {z,_ﬂ] ,{g._i] B[gﬁ}
iy 7 T A 777 |

II- DE KIEM TRA
Pé 1

Ciu 1. a) cos A =—§— — A~ 126°52".

bAB:2x+y—-1=0,AC:2x-y-3=0.
c¢) Phin giic trong AD cé phuong trinh : y + 1 = 0.

Cau 2. a) AD | AB = phuong trinh AD cé dang x — 2y + ¢ = 0.

d(l,AD) =d(l, AB) A

24¢ |4+ ]
Lo =

sooos

=3
= :

¢ =~7 (loai do A ¢6 hoianh d6 am) I
Vay phuong trinh AD la: x -2y + 3 =0.
b) A (=1 1), BD vuong gbéc véi Al tai 1,

BD c6 phuong trinh 1a : 3x—-y-6=0. B
Hinh 3.26
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beé 2

Cau 1. a) Buong tron duong kinh OM c6 Ay
tam J(];%j la trung diém cua \

doan OM va c¢6 ban kinh B

R:%:%thmgn‘inhcﬁa(@?]

2
i g =22
4) 16

b) Dat A(a ; 0), B(0 ; b) vGia > 0,
b=0taco:

3

2.2 - {a=4
a b =%
ab=12

Viay phuong trinh ABla: 3x + 4y — 12 =0.

Hinh 3.27

c) Bt I{¢ ; ¢) la tam dudng tron ndi tiép tam gidc OAB, taco : d(I, AB) = ¢

3c+4c-12| ( 3J
= =c|0<ec<—
5 2

& (Te— 122 =25¢% & 24— 168¢c+ 144=0

ot |
&
¢ =06 (loai)

Vay phuong trinh duong tron ndi tiép tam giac OAB la :

G-1D?+@y-1°=1,
Cau2.a)y+1=0hay 15x+8y—-112=0.

30
b) MN = —.
J34
be 3
Cau 1. a) Phuong trinh chinh tic cua (E) ¢6 dang
2 2
x—2+y—2=] veiD<hb<a.
&
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Tacé:A({l;Z)e{E}@i,’:l@ b=72
b.—-

(E) c6 tieu diém F, (—~/5; 0)suy rac = /5.
Tacéa’=b>+c*=44+5=9,suyraa=3.

2 2
Viy phuong trinh chinh tac cua elip (E) la : %+% =1.
b)2a=6;2b=4;2c=2/5; i:?.
a

c)S=4ab=24.

Céu 2. a) (€,) c6 tam I(m ; =2m) luén thude dudng thang d : 2x + y = 0 va ¢6 bdn
kinh khong d6i R = 1.
Vay (€,) luon ti€p xic vdi hai duong thang cd dinh, do 1a hai ti€p tuyén

ctia (€,,) song song vdi d.

b) [}{|m'c:i.
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