§3. GIA TRI LUONG GIAC CUA CAC GOC (CUNG)
CO LIEN QUAN PAC BIET

6.32. Pon gian biéu thuc :

a) cns(a - %j + sin{ & — m) ;

b) cos(m —fx}+sin(a +g) x
c) cm(E— aj + qin[E —fx) - cm(E+ (I] —sin[E+ a] :
b 2 b 2 b 2 2 L)
d) cus(3—ﬂ—a] — sin(B—ﬂ—aJ +c05[a —E) - sin(a —?—n) x
2 ‘ 2 2 ' g™

e) cns(g — af] + cos(m— @) + EGS{%H — a] +cos(2n — a) ;
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] sin[— - t‘I] — cus(l—ﬂ - a) — 3sin(e — 5m) — 2sina — cosa
g) cos(Sn + a) — 2sin (”Tﬂ - aj = sin(% - r,z)

6.33. Ching minh rang véi moi a ta co :

a) ﬁin(ﬁ—n+ )——qin(?}—ﬂ— ] :
: 2 a|=-: 1 al|;
b ms(rx —2—ﬂ] ——c-::-'(E+a:) :
} 3 - 5 3 ]

e 2) (814
C)COo5| ¥ 3 = COS 3 o .

6.34. Khong sir dung may tinh va bang s6, hay tinh :
a) sin315° ; c0s930” ; tan405° ; cos750” ; sin1140° ;
b) cos630° — sin1470° — cot1125" ;
c) cos4455° — c0s945” + tan1035° — cot(—1500°).

6.35. Tinh
a)cusE + ‘msE F ot COS
9 9 9"
b) sinzg + sin’ :’: - qng + sin” 2,%: + sin” ?—; + sin? -;;EE
L)Cﬂbz & + cos” S—ﬂ + cos’ N + cos? — i + +::-:nv52ﬂ + CDSEE'
3 6 9 18 18 9"

T T
d)cos— + cos— + ... + cO5—
5 5 5

e)sinE + sinE Bt s o
5 5 3
6.36. Gia sir trén duong tron lugng gidc, di€ém xdc dinh béi s6 a nam trong géc
phéan tu I, II, IIT, hay IV cua h¢ toa do vuong goc gan véi dudng tron do
(khéng nam trén cdc truc toa do).

s g S R s T T
l{hldndlémxacdgnhbmcacsu:a+E;J+n;a’—§;—af;—H+E:

—a + © nam trong goc phan tu nao ? Pién vao bang sau :
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Piém xac dinh boi Nam trong goc phan tu

a | I1 111 IV

o+ 11

&
2

a+ T

6.37. a) Trén dudng tron dinh huéng tim O cho ba diém M, N, P. Chiing minh

rang M, N 1a hai diém d6i xiing nhau qua duong thang OP khi va chi khi
sd(OP, OM) + sd(OP, ON) = k2n (k € Z).

b) Trén duong tron lugng gidc, xét cdc diém M, N, P xdc dinh theo thit tu
bai cdc 36 a, B, . Chitng minh ring M, N la hai diém déi xing nhau qua

dudng thing OP khi va chi khi @+ fB=2y+ k2n (ke Z).

¢) Tim diéu kién dé hai diém M, N trén dudng tron luong gidc xdc dinh
theo thit tu boi cac s6 @, f d6i xiing nhau qua duong phan gidc cua gdc
phan tu II (va IV) cta hé toa do vuong goc gan voi dudng tron luong gidc.
d) Hoi cic diém trén duong tron luong gidc xac dinh theo thir tr boi cic so
n n St 13m

AR v c6 phai la cdc dinh cia mot hinh thang can hay khong ?

6.38. Chirng minh rang, véi moi a, v4i moi s6 nguyén k, ta ¢o :
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_ - [—])fsina néu k =21
sm(a + ﬁ.‘—] =

2 (—])fcc-sa’ néuk =21 +1:

5 [—1)ar cosa  néuk=2[
cos| a + ki = e
(-1) " sina néuk=2+1;
L tan néu k =2/ e .
tan|la + k= | = ) (khi cac biéu thirc nay co nghia).
2 —cota néuk =21+1



- = b i C
T vasin = bang "phuong phéap hinh hoc

8 8
nhu sau :

6.39. Tinh cos

bl =]

Xét tam gidc vuong ABC vai

= B & ... W AC @ AB
A—E,ﬁ—gthlcnag—ﬂc,smS—BC. .
Bing cdach xét diém E trén canh AC sao cho

AE = AB (h. 6.4), hay ching minh ring : &

/4
T «J’2+~ﬁ . T 2—\/5 A . B

COS— = ——— ,8ll— =

8 2 8 2

o Sin ¢

2 1+ cosa

Hinh 6.4
6.40. Chitng minh cong thic tan

(voi 0 < a {%) biang "phuong phdp hinh hoc”

nhu sau :

Xét tam gidc vuong ABC vai A= g— B=a.
Bing cich vé duong phan giac BD cua goc B

\ o>
(h. 6.5), tir tinh chat % = g—g- , hdly suy ra rang : i — g

(94 S1N o I8 .
tan— = —— ., Hay tinh tan—. Hinh 6.5
2 “1+cosa’ ¥ 12

6.41. Chiing minh cong thiic cos2a = 2cos’a — 1 (voi 0 < a< ;} bang "phuong

phédp hinh hoc" nhu sau :

Xét tam giac vuong ABC VOiA = g B=a.
Ké dudng trung truc cia doan BC cat AB tai p M
; Al AB %
[. Dé thiay : cos2a = C osa =g . S
i / B
h. 6.6) ; tir do6 hay :
( ) ; tir do hay suy ra _—r

N
cos2a=2cos a— 1.
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