On tap chuong |l

Bai tap tu luan

45. (h.89a,b) Goi N la trung diém ctia BC va J 1 giao diém cha NI v6i AD, khi
dé mp(BCT) chia td dién da cho thanh hai wd dién BCDJ va ABCJ.

Dé thiy AJ = &AD.

Vi AA; L mp(BCD) nén moi diém
thuéc AA, cich déu B, C. D. Khi
dé, tam O, clia mat ciu ngoai tiép
i dién BCDJ la giao diém cia AA,
val duong trung truc cua JD (xét
trong mp(AA | D)).

Tuong tu nhu trén, tam O, ctia mat
ciu ngoai ti€p ti dién ABCJ la
giao cla DD, véi dudng trung truc
cua AJ (xét trong mp(ADD,)) (DD,
la dudng cao ké tr dinh D cua tr
dién ABCD).




Goi E va F lan luot la trung diém cua DJ va AJ. Xét th gidac noi tiép
0,A,DE (hinh 89b), ta ¢6
AE. AD = AO,.AA,

AE.AD
= A0, = .
L7 AA
Miit khac
a6 a 3a 5a
AAj= — ,AE=—+—="—".
* 3 4 8 8
Tir do 0,
\/_ N Aj D
A0, = L Hinh 89b
q a6 16
3

a6  Sa\6 3 a6
3 16 — 48
Vay bdn kinh R, cia mat cau ngoai tiép ti dién BCDJ la

via do do AIO! =A|A -:""I.O| =

2 2

6a’  3a’ a a  129.4°

RZ=0,D*= A0* + AD* =22+ = &
o B 482 9 488 3 4838
a~'129
:’-".Rl: *
8v/6
T gidc 0,D FA noi tiép duong tron nén
Dl DO = DE DA = Dty = Ton
DD,
Mat khic DF=E+E=E,DA=Q,DD,=ﬁ,mdé
4 8 8 3
Ta
e B 21av6 _ Tav6
2T ade 86 T 16
3

?a‘«,/g B a\/fg _ Sax/g
16 3 48
ngoai ti€p tit dién ABCJ la

Suy ra D0, =

va do do, ban kinh R, cua mat ciu
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.
kgl i 2 a2 2 2
B o = 02D3+D]A1=‘5” .ﬁ+(a\/§] _25a 153

48> 3 488 3 48.8°
V15 3
tﬁdéR2=ﬂ,Vﬁ R, _av129 av153 /4

Ay =- = : =5
86 R, 8J6 = 8J6 51

46. (h.90) Goi x la doé dai canh ddy, y la
chiéu cao cua hinh chép ; R, r lan luot la
ban kinh mat cdu ngoai ti€p va noi tiép

x° + 2},2

hinh chép thi dé tinh duge R = By

Xy
r= ) . Viay
#i 2
X+lx” +4y°

V, [ET (2 +252) x4 + 4y

V2 ¥ 4xy?

Tu dé % nho nhat khi va chi khi g nho nhat.
o)

Goi @ la goc gitta mat bén va mat day cua hinh chdp) thi ¢ =SIH (1 1a trung
%

2

R (X2 +—Jﬁ'2 lf;]"lz qp](l"l‘ \J.JI.'1 8 i .1'2 tﬁ]’lzfp]
2=

diém clia BC). Khidé y = ~tan@ = 4y = x* tan’ ¢, tir d6

3 7
XTtan” @

1 1 [cusg&:’-l— |
7 4+ tan 1+
(2 + tan gv)(l + cosqa] ( PO 1;0] cos @

S

Ztanzga 1 —coszgo

2 o
cos” @

___l+cos’p 1 147 v6i 0 < t=cos@< |
~ 2cosg(l —cosg) 2 t(l—1) i e

2

V
Nhu vay, f’i nhd nht khi va chi khi ff) = rf;_f 5
(<= 1)

dat gid tri nho nhat
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s =15 =1 =200+ 1)

Tacé: f'(1)= 5
[#(1 - 1)]

22 =20 -1+ 2u-+2° P +2-1

(11— )T (- 1)

=0 +2-1=0t=-1++2 (do0<t< 1)

Ta c6 bang bién thién

t 0 il l
[ - 0 +
Vay f(r) dat gid tri nhé nht tai r = —1 ++/2 , tic 1a cosp=— 1 + /2

I

%08

=1+ tan2¢3=

2 1-3+22  2(y2-1) 2
© tan" @ = 322 _(VE_I)E T 2(v2 +1)

< tan@ = 22 +2.,

Vay hé thitc lién hé gitax vaylay = x

Y22 42
2
Khi d6 % dat gi4 tri nho nhat.
P

e ViJA = IB=2a. AIB=120° nén AB* = IA” + IB® = 2IA. IB cos AIB = 124°. tit

d6 AB =2a+3. Do CD L mp(AIB) tai I, IA = IB nén CA = CB. Két hop véi
gia thiét ABC la tam gidc vudng, ta ¢c6 ABC la tam gidc vuong tai C va

AB
CA=CB="2Z=a\6.
s

Vi ABD la tam gidc déu nén AD = AB =2a\@ .
T dé CI° = AC? — AI* = 6a° — 4a° = 2a°, titc 1a CI =av2 ,
DI* = AD? — AP = 124° — 4a® = 84°, titc 12 DI =2a~2 .

e Hai diém C, D thuoc dudng thing A vuéng géc véi mp(AIB) tai diém [
nén co hai truong hop xay ra.



Truong hop 1. C, D nam vé hai phia déi vai diém [/ (h. 91a).
Dé thay CD = 3a+2 , tir d6 CD* = 184" : mat khic AC” + AD* = 184", tiic 12
CD* = AC* + AD®. Nhu viy CAD = 90°. Tuong tu ta ciing ¢6 CBD = 90°.

= 1 ,2&2&?.3&@ = cz3\/f_5.

32

Goi S, 1a dién tich toan phan cua tit dién ABCD thi
D

Sp =Sacp +Spep + Sapc + Sasp
AC? ) AB*\3
2 4
Iq* ﬁ
" 4

- Z%CD,A.-’ +

= Sa\E.Za + %,Gaz + 1

= 6a*2 +3a* + 34°\3
&= 3&2{1 +3 4+ 2\16) Hinh 91a
2) Vi CAD = CBD =90 nén CD la dudng kinh cia mat cdu ngoai tiép

BH\E

2

dién ABCD, tir d6 ban kinh mat cdu phai tim bang va dién tich mat
cdu bing 187a”.

L : A 3V
3) Goi 7 la ban kinh mat cdu noi tiép tir dien ABCD thi dé thay r= —280

Sip
- 346
tudor= 5
3a (1 +\3 + 2‘4’5}
G
1+ \E + Zﬁ
Truong hop 2. C, D nam vé mot phia doi
vdi diem [ (h.91b).
6
a6
D Vagen = Vpas —Veas = g
Srp == chzﬁ Bt g 3.:12\/5
=a2(3+ 242 + 3\3).

Hinh 91h
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2) Goi J la trung diém ciua AB thi
Ja. == Ju.
Xét duong thang A, di qua J va vuong K

goc véi mp(ABC). Khi d6, moi diém
thuoc A cdch déu cdc di€m A, B, C va A, C i
nam trong mp(CDJ) (do mp(CDJ) vudbng
goc voi mp(ABC)). Trong mp(CDJ),

dudng trung truc cta CD ciét A, tai diém O ! J H
thiOA=0B=0C =0D =R (h.9lc).
Tacé If =a, CJ = af3. Ké OH L IJ thi

BENE

Hinh 91¢

OH=IKk= 5 Xét cdc tam gidc ICJ va HJO, ta ¢6 sinC = sin/ hay
3{3\5

W _OH . . _OHJC 3 B 346

ic-Jo "YY T T T 4 T a2
540>  664°

T d6 OC* =CT* + 0P =34+ 4"”" - :’ .

Vay dién tich mat cdu phai fim 12 667a”.

a’\J6 a6

Nr= £

@ (3 + 242 +343) 3+33+242
(h.92) 5
Goi (P) 1a mat phang di qua truc cia
hinh nén thi (P) cat hinh n6n theo tam
gidc cidn SAB, cat mat cdu theo dudng
tron I6n, duong tron nay noi ti€p tam
gidc can. Khi dé, ban kinh | clia hinh cau

noéi ti€p hinh nén duoc tinh bai cong thiic 0
rh
."E = '
r+ \f’.-’rz = A H B
; ; | )
1) Thé tich hinh nén 1a V', = Em"zh_ Hinh 92

g
F y EoLE A w # 5 ""I i
The tich hinh céu noi tiép hinh nén la V, = E( il ]

3 .-‘—|~\/J"‘2+JFJ"‘Z
vay Vi _ Ll 4 i?)
& V, 4 rh*

'.‘
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(2.
ﬂ_ re []+M]

1 1 _
2) VEQZ hz Z 0?“'1}0'
5
I
3 2
(el x) . (Vi+x+1) (x=2-2V1+x)
Xeét flx) = : S = > :
4x 42x"Jx+1
PR— 2
Vi ( IJF; +1) > 0 nén khi xét ddu cua f'(x), ta chi cin xét diu cua
42x°x+1
1
gx)=x—-2-2+1+x.Taco g(x)=1- .
B 5 Vx +1
_ ] .
Dé thay g'(x) > 0 vi khi x > 0 thi < I, dong thoi g(x) =0 < x = 8.
Jx +1

Viy g(x) 1a ham tang trén mién x > 0 va g(8) = 0 nén
vidii0<x<8thigx)<0;
vdi 8 < x < oo thi g(x) > 0.

Bang bién thién cua f{x)

X 0 3 +eo

g(x) - 0 4

£(x) = s &
Viy gid tr1 bé nhit cua — b&ng 2, §
(h.93a.b) \
1) Tacé SM = QM = _R

sin  sing

SO = Reote.

Dién tich xung quanh cua hinh nén la

R nR* ' N\ M

Jag=BR. sin@  sing
Thé tich khdi non la 7
1 | i
V= 3 TR’ Reota = E::R‘?'camz iz
2) Gia sur (P) cit hinh nén theo thiét dién SMN va SM L SN, khi d6 dién

tich thiét dién la

1]



Bai
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2
S|=lSM.SN= R,J .
2 2sin” o

3) Véi I 1a trung diém cua AB thi SIO = f,

OI = SO cotff = R.cotexcotf. Vay diem I thuoc
duong tron tam O ban kinh Rcota.cotf
trong mit phang chita day hinh non.

Vi SI quay quanh § va dua vao duong tron
tam O, ban kinh Rcota.cotf trong mit
phing chita diay hinh nén di cho nén S/
thuoc moét hinh nén c¢é dinh véi duong cao
SO, duong tron diay cua hinh nén nay la
duong tron néu trén.

. (h.94) Xét mat phang qua truc hinh nén cat

hinh nén va hinh tru néi tiép hinh non, ta
duoc tam giic can SAB va hinh chir nhit
MNN,M, noi tiép SAB. O d6 AB = 2r, SH = 3r,
MN bing duong kinh cua ddy hinh tru,
NN, biing chiéu cao cua hinh tru,

Ki hiéu r| Ia ban kinh ddy hinh tru, &, 1a chiéu
cao hinhtru,taco O<ry<r,0<h; <hva
n SHy, SH-W 3r—-h

r SH SH 3r
1) Thé tich hinh tru la

3
V= 3]‘[!'!1 (r—ry)= ?ﬂ: ry.r(2r = 2ry).

Tur d6, V' dat gia tri 16n nhat khi va chi khi ry = e

2) Dién tich xung quanh cua hinh tru la

L

S=2nr by =320 (r—r)) =61r(r—ry).

Tir d6 § dat gia tri I6n nhat khi va chi khi r; = 5

tap tridc nghiém

1. (B), 2. 0L, 3. (D), 4. (D),
7.(C), 8. (D), 9.(C), 10.(B),
13. (B), 14. (D), 15.(B), 16.(A),
19, (B)-. 20. (D), 21.(B), 22 (A),
25.(D), 26.(A), 27.(B). 28.(A),

= L trd6 hy =3(r—ry). Khi d6

Hinh 93b
S
M, H| N
A M H N

Hinh 94
?.
7
S- (D} ] 6" {A} »
11. (A), 12.(0O),
17. (D), 18.(C),
23.(B), 24.(C),
29. (A) ., 30.(A).



