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GIA TRI LUONG GIAC CUA CAC GOC (CUNG)
CO LIEN QUAN PAC BIET

H | Xxét hai diém M, N thuéc dudng tron lugng giac xac dinh bdi hai géc co lién
quan néu trong bén trudng hop 1, 2, 3. 4 du6i day. C6 nhén xét gi vé vi tri cla hai
diém M, N déi vdi hé truc toa d6 Oxy cho méi trudng hop ? Tir doé giai thich tai sao c6
cac cong thirc sau day (chi xét cac goc lugng giac ma biéu thire trong céng thirc
co nghia). :




1. Hai goc déi nhau

(OA, OM) = a, (OA, ON) = —a (h.6.20).

sin(—a) = —sino
cos(—a) = cosax
tan(—a) = —tana

cot(—q) =—cotar.

2. Hai goc hon kém nhau nt

(OA, OM) = a. (OA, ON) = a + © (h.6.21).

sinfla+ ) = —sina
cos(ax+ m) = —cosa
tan(a + ) = tana
cotle¢+ m) = cota.

3. Hai goc bu nhau

(OA, OM) = a, (OA, ON) = — a (h.6.22).

sin(m— @) =sina
cos(Tt — &) =—cosa
tan(w — @) =—-tanx

cot(m — &) = —cola.

T

Hinh 6.20

yl

Hinh 6.21

Vi
Nk eswmnduaracs M
i = i
I o
Q‘/ A -T
Hinh 6.22

203



4. Hai goc phu nhau

(OA, OM) = &, (OA,ON) = — — a (h.6.23).

M]

: T
SH'I[E = (1] = COos

T 3
COSs [-*2- e OEJ = sing

m
tan[— = a] = cola
2

m
COI(E — a) = lana.

Hinh 6.23

Nhan xét. Nho cic cong thifc trén, ta ¢6 thé dua viéc tinh gid tri ]Lmlng gidc
cua mot géc luong gidc tuy y vé viéc tinh gid tri luong gidc cia géc «,

0£a£—,th3mch10£a£~-
2 4

Viy c6 thé ding béng tra cifu sin va cosin cta cic gm: c6 s6 do a’
(0 < a < 45) dé tim sin va cosin cla cdc goc lugng gidc tuy ¥. Ching han dé

tim sin(—100), ta ¢6 thé tién hanh nhu sau :
sin(—100%) = - sin100° = — sin(180° — 100°%)
= —5in80” = — cos(90° — 80%) = — cos10°.

Vidu
a) Tir cdc cong thic trén, ta dé dang suy ra cdc cong thic thudng gap sau day

vé hai géc hon kém nhau g (cing ¢6 thé dung hinh vé d€ nhin nhan cic cong

thitc nay, xem hinh 6.24).

cos( + a] = cns[g - [-—a}) = sin(-a) = —sina ;
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+ a) = sm[— - (= a]] =cos(—a) = cosa ;
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n_ 2

= COS[T[ + E] = —C0§— = ——-
4 4 2

¢) tan 10° tan 20° tan 30° tan 40° tan 50° tan 60° tan 70° tan 80° =
— (tan 10° tan 80°).(tan 20° tan 70°).(tan 30° tan 60°).(tan 40° tan 50°) = 1

(do tana® tan(90° — &%) = tana’cota’ = 1). 0

CHUY

Néu s6 do cia goc hinh hoc #Oy 1a & (0 < a < n) thi s6 do cua goc
luong gidc tuy ¥ (Qu, Ov) bang a + k2r hodc —a + k2n (k € Z). Do
dé, tir cdc cong thiic cos(-a) = cosa ; sin(—a) = —sina, ta co

cosiOv = cos(Ou, Ov), sinuOv = lsin(Ou, OV)|

véi mot gbc lugng gidc (Ou, Ov) tuy §.

Cau haoi va bai tap

24. Méi khing dinh sau ding hay sai ?

a) Khi e déi déu (tie thay o boi —a) thi cosar va sina ddi ddu con tana khong
doi dau.

b) VGi moi a. sin2a = 2sinc.

¢) Véi moi &, + =4}

: T
sm[a - E] —cos(a + m)

T :
co:{a - EJ + sin(a — m)

cos(—Sa) —Sa

d) Néu cosa # 0 thi =.=5.
cosa o
e) coszg+ cosz%r—:l, g) sin—l-%=cﬂs-25£«
25. Tim cdc moi lién hé giita cdc gid tri lugng gidc cua cdc cung ava a — 3%:

26. Tinh :
a) sin2 10° + sin?20° + sin®30° + ... + sin280° (8 s6 hang) ;
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b) cos10? + c0s20° + cos30° + ... + cos180° (18 s6 hang) ;
c) cos315% + sin330° + sin250° — cos160°.

27. Dung bang tinh sin, cosin (hoac ding mdy tinh bé tdi) dé tinh cdc gid tri sau
(chinh xdc dén hang phin nghin) :

cos(~250°) : sin520° va sin L1%.

10
28. Xét he toa do vuong géc Oxy gin véi dudng tron lugng gidc. Kiém nghiém
rang diém M vé6i toa do (—%: %) nam trén dudng tron luong giac do.

Gia sir diém M xdc dinh bdi s6 ¢ Tim toa do céic diém xdc dinh bdi cdc s6 :

T I
R—Q’;E+J;E—QVQE+Q

29. Biét tan15° =2 — /3, hdy tinh céc gid tri luong gidc clia goc —75°,

Luyén tap

30. Hoi cdc goc lugng gidc 6 cling tia ddu va c6 s6 do nhu sau
2594°; —646° ; —2446° va 74°
thi ¢6 cung tia cudi khong ?

31. Xic dinh déu cua cdc gid tri lugng gidc sau :

c0s250° ; tan(—672°) : :an3fT“ : sin(=1050°) va cas“iT“.
32. Hay tinh cdc gid tri lugng gidc clia gée o trong méi truong hop sau :
a}sina‘zg vacosa<(: b) cosa= —% vﬁ%{a-::n :

C)tana = \Eva:rccza'{ %r

a) Tinh sin 22% 4+ cos 2% _25m
33. a) Tinh SJnT+CGh 3 +tan( 2 )

b) Biét sin (1 + a) = _%, tinh cos(2n — @), tan(a — 77) va sin (-%’3 - a).
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34.

35
36.

3.

Ching minh réng :
| - 2sin@cosa _ 1—

a) fslnam;a o A {kh] cic biéu thiic d6 c6 nghia) ;
cos“a —sin“a 1+tana

i . : . 2
b) tan- o — sin“a = tan"asin”a@: c¢) 2(1-sina)(1+ cosa) = (1 — sina+ cosa)".
Biét sina — cosa= m, hdy tinh sinacr_— cos .

Véiso o, 0< a< 12‘- xét diém M ciia duomg tron lugng gidc xéc dinh boi s6 2
r6i xét tam gidc vuong A'MA (A' doi xiing v6i A qua tam O cla du&mg tron).

a) Tinh AM? bang hai cach khdc nhau dé suy ra cos2a=1— 2sin’ .
b) Tinh dién tich ctia tam gidc A'MA bang hai cich khic nhau dé suy ra

sin2 ¢ = 2sing cos .
J2++/2 r1éi tinh cdc gid tri

¢) Chimg minh sm—- == 'q‘

lugng gidc cla cdc goc 3— va IE

8 8

Trong hé toa do vuong goc Oxy gin véi mot dudng tron luong gidc, cho diém
P cotoadd (25 -3).

1
2

.-

a) Ching to rang diém M sao cho OM = oL

la giao diém cua tia OP véi
: [orl

dudng tron lugng gidc do.
b) Tinh toa do cta diém M va tir d6 suy ra cosin, sin clia géc lugng gidc (Ox, OP).

e 4
CY | 180n \° 80
PIEU LA : sin = = sin il !
180 + 180 +
That vy, dat x = —o _ thi ta c6
180+ m
R , [ 180% ] .o
siny =sin(n—-x)=smn| ®T— = sin
180+ 180+ =

. TX VR i ,  TX
= §in— = sinx” (chu rang x° = —rad).
180 ( y g 180
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C6 thé thi lai diéu la nay nha may tinh bd tii CASIO fx — 500MS béng cach an
180 ] = [£] [(|180 [+] [SHIFT] = [5] [SHIFT] [STO]

[ON] [MODE] [MODE] [MoDE] [1] [sin] =

Két qua la 0,053 864 486. _

An tiép :

lON| [MODE| [MODE| [MODE] [2] [sin] [ALPHA] [A] [F]

Cho két qua 0,053 864 486,

Cac sb y = (2k +1) 150x ke,
’ 180 +
il SO
180 — =

cling c6 tinh chét siny = siny°, sinz = sinz".



