§4. HAl MAT PHANG SONG SONG

2.22. (h.2.40) Goi 1, J v K 1an luot 14 trung diém ctia céc canh BC, CD va BD.
Theo tinh chat trong tim cua tam gidc ta c6 :
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AG, AG, AG; 2

Al Al  AK 3

= G\G, /I l] .

1] < (BCD) = G,G, //(BCD).

Tuong tu ta c6 G,G3 [/ (BCD).
GG, .,G,G5 C(GG,Gy)

= (G, G, G;) I/ (BCD).

[Ax /! Dt Hinh 2.40

2.23. (h.2.41) a) Tac6 :
|\ Dt < (Cz.D1)
= Ax /| (Cz, Db).

AB /I CD
Che{Uz,D8)

}:> AB [/ (Cz, Dt).

=
Ik—.:

T Ax, AB < (Ax, By) suy ra (Ax, By) // (Cz, D).

()

Tuong tu ta ¢6 (Ax, Df) // (By, Cz). " Dr
(@) (Ax,By)= A'B’ N~

b) {(@)N(Cz, DN =C'D’ = A'B'/IC'D’ (1) LN I
(Ax, By)//(Cz, Dn) £ |
(@) (Ax,Dt)= A'D’ A D
Ha)N(By,Cz)=B'C' = AD' I/ BC". (2 Hint 2.41
(Ax, D1) //(By,Cz)

Tir (1) va (2) suy ra ti gidac A'B'C’D’ 1a hinh binh hanh.
¢) Goi O, O’ lan luot la tam céc hinh binh hanh ABCD, A'B'C'D". Dé thay OO’

la dudng trung binh clia hinh thang AA'C’C, suy ra 00" = M
Tuong tu ta co : OO’Z@ = AA'+ CC'= BB’ + DD".
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2.24, (h.2.42) a) {AD o = AD // (BCE) F E
BC c (BCE) =z

AF /| (BCE
BE  (BCE) " // BCE)

Ma AD, AF c (ADF)
nén (ADF) // (BCE).

b) Vi ABCD va ABEF la cac hinh
vuong nén AC = BF. Ta co :

J[AFH BE

Hinh 2.42
mmeiicp = AM_AM g
AD AC
NN’/ AB = L (2)
AF  BF
So sanh (1) va (2) ta duogc iﬂ; ol = M'N'/I DF.

¢) Tir chitng minh trén suy ra DF // (MM'N'N)
NN’[| AB= NN’ [/ EF

, ., = EF /| (MM'N'N).
NN c(MM'N'N)
Ma DF. EF < (DEF) nén (DEF) [{ (MM'N'N).

Vi MN < (MM’'N’N ) va (MM’'N’N)//(DEF) nén MN |/ (DEF).

2.25.(h.2.43)a) Tacé II'// BB vall’ = BB
Mat khic AA"// BB’ va AA" = BB nén :
AA' I IUVAAA = 1IT"
= AA'T'l 1a hinh binh hanh
= Al /| AT

Ae (AB'CH

Ae (AATT)

= A€ (AB'CYN(AA'TT).

b) Ta co : {

T . I!E B!C! Ia ABFC’ I.
wong g, Aarn= €( ) B Hinh 2.43
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= I'e (AB'C") N (AAT]) = (AB'C’) n (AATT) = Al
. [EelA T
Pat AI' n AT=E.Taco: ,=> Ee(ABC).
Ee Al
Vay E la giao diém ctia A7 vi mat phing (AB'C").
M e (AB'C")
) Taco:AB m AB =M =
M e (A’BC).
N e (AB'C’)
Tuongtr : AC" " AC=N =
N e (A’BC).

Vay (AB'C") n (A'BC) = MN.

2.26. (h.2.44) a) Ta c6 ur gidc AA'C'C 1a hinh

2.27. (h.2.45) Trong mat phang (ADF),
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binh hanh suy ra A'C cit AC’ tai trung
diém / cia mbi duong.

Do d6 [H /! CB’ (dudng trung binh cua
tam gidc CB’A’).

Mit khiac IH < (AHC") nén CB' [/ (AHC").

Ae (AB'C)

b) Tacod: {
Ae (ABC)

= A la diém chung cta (AB'C") va (ABC),
B'C’/| BC

ma { B'C' c(AB'C)
BC < (ABC)

nén (AB'C") m (ABC)=AxvaAx//BC [/ B'C".

ké duong thing MP /| DF (P € AF).
. AP AM BN
Ta co = =
PF MD NE
nén PN // FE. Do d6 (MNP) // (DEF).

Viy MN song song véi mat phang
(DEF) c6 dinh. Hinh 2.45



2.28. (h.2.46) a) Truong hop 1.

I thutc doan A0 (0 <x {% )

Khi dé 1 ¢ vi tri II'
Taco: () // (SBD)

{(af} /| BD
—
(e) [/ SO

Vi (@) /| BD nén (@) cat
(ABD) theo giao tuyén
M,N, (qua 1[;) song

song voi BD.

Tuong tu (e // SO nén
(@) cit (SOA) theo giao
tuyén S;/, song song
vai SO.

Ta c6 thiét dién trong trudng hop nay 1a tam gidic S;M|N,.

Nhan xét. Dé thay rang S, M, //SBva SN, // SD. Lic d6 tam gidc S,M N, déu.

Hinh 2.46

Trucong hop 2. I thudc doan OC ( % “X<.a)

Khi d6 7 & vi tri 1. Tuong ty nhu trudng hop 1 ta co thi€t dién 1a tam gidc déu
S, MsN, c¢6 MyN, 11 BD, S.M, 11 SB, S,N, 11 SD.

Truwcng hop 3.1 = O : Thiét dién chinh la tam gidc déu SBD.

b) Ta lan luot tim dién tich thiét dién trong cac truong hop 1, 2, 3.

Truomg hop 1. I thuoc doan AO (0 < x < % )

Ss, M, N, :[MlNl T :[ET
SSBD BD a
4r2 4;;2 rbzﬁ _ bz,rzﬁr

$ O e o
S M N SBD
1 MYy 02 GE 4 ai
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Trueomg hop 2. I thude doan OC {g <x<a)

2
532M2N2 _[ MyN, :[z{g_x}r
BD a

SSB D

I)E

4 5 bEN3 BB
—X} F 4 — 2 (ﬂ—

S :_(g
Sy M4 N
ikl i

Truong hop 3.1 =0

h%’j

Ssap = 4
2 2
I v i ,
t néu 0<x< 2
a’ 2
2
5 ; b \E » a
Tom lai 5,5 dién ~ ) 4 el A= 2
hz\ﬁ 7 P ¢
5 (2—x) néu —< x<a.
| a 2

L
1 i f
! W f
1 r‘ ) '
voo1y3 Y] i
\ b —t-——- i
1 4 " ‘
! | '
1 i !
\ i !
§ ! i
\ ! r
4 ! [
5 I ;
x I P
i : " X
0 l il
2
Hinh 2.47

Vay § 16n nht khi va chi khi x = g

thiét dién
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2.29. (h.2.48) Vi (&) // (£) /] (y) nén

AB _ BC . a \a’
A'B" BC

Mat khdc ta c6 : K &‘/Jg’
AB BC _ AB+BC _ AC .

AB BC AB+BC AC \

,, AC'AB 185 4,—’/41';9*
Suyra: AB = = =10. B B ;
AC 9 '

A'C’BC 184 \

Vay AB'=10va B'C'= 8.
AC 9 /{T\lg
A €

Viy B'C'=S8.

2.30. (h.2.49) Qua / ké dudng thing Hinh 2.48
song song véi CD cat AC tai H,
taco:

HA _IA
HC ID
Mat khdc = = 55
' D JC
HA JB
nén —=——--
HC JC
Suy ra HJ /| AB. &
Nhu vay mat phang (IJH) song song
véi AB va CD.
Goi (@) 1a mat phing qua AB vi song song véi CD, ta ¢é

(a) [/ (1JH)
IJ < (l/H)

Hinh 2.49

= I /().
Vay 1J song song v6i mat phing (&) c6 dinh.

2.31. (h.2.50) a) Goi () 1a mét phing xdc dinh béi hai duong thang AB va Ax,
Do Ax // () nén () sé cit (@) theo giao tuyén Bx’ song song véi Ax.
Ta ¢c6 M’ 14 diém chung ctia (@) va () nén M’ thuoc Bx'.
Khi M tring A thi M’ tring B nén tap hop M’ 1a tia Bx".
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b) Ta cé & gidc ABM'M 1a hinh binh
hanh nén BM"= AM = BN,

Tam gidc BM'N can tai B.

Suy ra trung diém J cla canh diy NM'
thuéc phén gidc trong Bt cua goéc B
trong tam gidc cin BNM'. Dé thiy rang
Bt c6 dinh.

Goi O la trung diém cua AB. Trong mat
phang (AB, Bt), tit gidac OBJI 1a hinh binh
hanh nén JI/ = BO. Do d6 [ la anh cua J
trong phép tinh tién theo vecto BO. Viy
tap hop [ 1a tia Ot" song song voi Bt.

Hinh 2.50



