§4. HAI MAT PHANG SONG SONG

A. CAC KIEN THUC CAN NHO

I. PINH NGHIA
Hai mit phiang (@) va () dugc goi 1A song song véi nhau néu chiing khong cé
diém chung, ki hiéu (@) // () hay (B)// ().

(@)1 (B) < (@)n(p)=3D.

IL PINH LI VA TINH CHAT

1. Néu mat phang (@) chifa hai dudng thang cat nhau @, b vi hai dudng thang
nay cling song song véi mit phing (/) thi mit phiing (@) song song véi mit

phang (f).
acle), bcia)

acath = () /] ()
all(B), bll(B)

2. Qua mot diém ndm ngoai mot mat phang cho truée c6 mot va chi mot mat
phang song song v&i mat phing da cho.

Hé qua 1
Néu dudng thang d song song véi mat phang (@) thi qua d ¢6 duy nhit mot

mit phing song song vdi (a).
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H¢ qua 2

Hai mat phang phan biét cung song song vdi mat phang tha ba thi song

song voi nhau.

Hé quda 3

Cho diém A khong nim trén mit phiang (). Moi dudng thing di qua A va
song song vdi (@) déu nam trong mat phang di qua A va song song véi (@),

3. Cho hai mat phang song song v&i nhau. Néu mot mat phang cat mat phang
nay thi cling cit mat phang kia va hai giao tuyén song song véi nhau.

Hé qua

Hai mit phing song song chan trén hai cit tuyén song song nhiing doan

thang bang nhau.

4. Dinh li Ta-lét (Thalés)

Ba mat phang doi mot song song chan trén hai cdt tuyén bt ki nhitng doan

thang tuong tng ti lé.

HINH LANG TRU VA HINH CHOP CUT

e Hinh lang tru

Cho hai mat phiang song song (&) va (&'). Trén (&) cho da gidc 16i

AjAy.. A, . Qua cdc dinh A, Ay, ..., A, ta vé cic dudng thing song song véi

nhau va cat (o) ldn lugt tai A}, A3, .

Hinh gom hai da gidc
AlA LA, AL ASLLAL v cac
hinh binh hanh A A[A%A,
Ay Ay AsAs, o ALALATA duoc

goi la hinh lang tru va ki hiéu la
AjA;. A, ALAS LA (h2.14),

Lang tru c6 ddy la hinh binh
hanh duoc goi 12 hinh hop.

Hinh 2.14



e Hinh chop cut

Cho hinh chép S.A/A, ... A . Mot mit
phang khong qua dinh, song song véi
mat phang ddy cta hinh chép cit cic
canh SA;, SA,, .., SA lan luot tai
A, A5, .., A . Hinh tao boi thiét dién
ATA, AL va diy AA, .. A cla
hinh chép cing véi ciac tfF gidc
AIAEA?.A]* A2A3A3A2’ ner An"qIAlAn
goi la hinh chop cur, ki hiéu la
iy # : Hinh 2.15
AjAs... ALAA LA (h2.15). "

B. DANG TOAN CO BAN

E Vian dé 1

Chiing minh hai mét phéng song song vai nhau

1. Phuong phap giai

a) Ta c6 thé chimg minh ching cling song song véi mit phang thi ba.

b) Ta chiing minh mat phing nay chia hai dudng thing cit nhau ciing song
song vol mét phang Kia.

2. Vidu

Vi du. Cho hinh binh hanh ABCD. Tir cac dinh A, B, C va D lan luot ké cac nira
duong thang Ax, By, Cz va Dt song song véi nhau va khéng nim trong mit phiing
(ABCD). Chiing minh mat phang (Ax, By) song song véi mat phang (Cz, D).

gﬁi X [
Ta ¢6 Cz // By nén Cz // (Ax, By) )
(h 2.16). Do tr gidac ABCD la hinh binh y A~

hanh nén CD // AB do d6 CD /I (Ax, By).

Mat phang (Cz, D) chifa hai duong
thang cét nhau Cz, CD ciing song song
vai (Ax, By) nén (Cz, Dr) // (Ax, By). Hinh 2.16
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E Van de 2

Xéc dinh thiét dién tao bdi mit phéng (@) véi mot hinh chop khi cho biét
(@) song song voi mot mit phg’mg ndo doé trong hinh chop

1. Phuong phap giai

a) fip dung. Khi (@) song song vdi moét mat phing () nao dé thi (@) s& song
song voi tit ca dudng thang nam trong (5.

b) D¢ xdc dinh giao tuyén cua (@) v6i cadc mit cia hinh chép, ta lam nhu sau :

— Tim duding thing d nam trong (/).

~ Vi (@) // d nén (@) cit nhilng mit phing chita d theo cic giao tuyén song

song voi d.

2.Vidu

V¥ du. Cho hinh chép S.ABCD véi day la hinh thang ABCD c6 AD /! BC,
AD = 2BC. Goi E la trung diém AD va O la giao diém cua AC va BE. I 1a moét
diém di dong trén canh AC khdc véi A va C. Qua /, ta vé mat phang (&) song
song voi (SBE). Tim thiét dién tao bdi (e) va hinh chép S ABCD.

Hinh 2.18

78



Ta thay ring tt gidc BEDC la hinh binh hanh vi :

ED /i BC, ED = BC (:éAD]. (h.2.17)

Truomg hop 1. I thuée doan AO va I khiac O. Goi vi tri nay la [, (&) // (SBE)
nén (&) // BE va (&) [/ SO (h.2.18).

* (&) [/ BE nén (o) cat (ABE) theo giao tuyén M{N; di qua I} va
M|N, /| BE (M| € AB, N, € AE).

e (&) // SO nén (&) cat (SAC) theo giao tuyén S/, di qua I; va song song
V6i SO (S, € SA).

Ta co thiét dién la tam gidc S\M|N; .

Truwong hop 2. I thude doan OC va I khac O. Goi vi tri nay la 15, (@) // (SBE)
nén (&) // BE va (&) /] SO.

e (o) /[ BE nén (&) cat (BEDC) theo giao tuyén M,N, di qua [, va
MzNz /! BE (Mz = BC, Nz == ED]

e () // SO nén (@) cit (SOC) theo giao tuyén QI, di qua [, va song song
voi SO (O € SC).

Do (&) // CD (vi CD // BE) nén (&) sé cit hai mat phang (BEDC) va (SDC)
theo hai giao tuyén M,N, , PO cling song song v6i CD (P € SD).

Ta c6 thiét dién 1a hinh thang M, N, PQ.

Truong hop 3.1 = O.

Dé thay thiét dién la tam gidc SBE.

C. CAU HOI VA BAI TAP
2.22. Cho tt dién ABCD. Goi Gy, G,, G5 lin luot la trong tam cua cdc tam gidc
ABC, ACD, ABD. Chiig minh ring (G,G,G3) // (BCD).

2.23. Tir bon dinh ctia hinh binh hanh ABCD vé bén nita dudng thing song song
cuing chiéu Ax, By, Cz va Dt sao cho chiing cat mit phiang (ABCD). Mot mat
phang () cit bon nira dudng thang theo thit tu néi trén tai A, B, C'va D",
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2.24.

a) Chiing minh ring (Ax, By) // (Cz, Dt) va (Ax, Dt) I/ (By, Cz).

b) Ta giac A'B'C’D’ 1a hinh gi ?

¢) Chitng minh AA" + CC’" = BB'+ DD".

Cho hai hinh vuong ABCD va ABEF & trong hai mat phang phan biét. Trén
cac duong chéo AC va BF lan luot l1ay cac diem M va N sao cho AM = BN.
Cac duong thang song song vdi AB vé tit M va N lan luogt cat AD va AF tai
M’ va N'. Ching minh

a) (ADF) // (BCE).

b) M'N"/l DF.

c) (DEF) [ (MM'N'N) va MN [/ (DEF).

2.25. Cho hinh lang tru tam giac ABC.A'B'C" ¢6 cac canh bén la AA’, BB', CC". Goi

[ va I’ tuong tng la trung diém cha hai canh BC va B'C".
a) Chiimg minh ring Al // A'T".

b) Tim giao diém ctia A’ v6i mit phing (AB'C”).

¢) Tim giao tuyén cia (AB'C") va (A'BC).

2.26. Cho hinh lang tru tam gidc ABC.A'B'C’. Goi H 1a trung diém cliia A'B’,

2.27.

a) Ching minh ring CB’ /! (AHC").
b) Tim giao tuyén d cua (AB'C’) va (ABC).
Cho hai hinh binh hanh ABCD va ABEF khong cung nam trong mot mat
phing. Goi M va N la hai diém di dong tuong tng trén AD va BE sao cho
AM _ BN
MD NE
Ching minh ring dudng thing MN luén luén song song véi mot mit phing
c6 dinh. Hay chi ra mat phing c¢6 dinh d6.

2.28. Cho hinh chép S.ABCD c6 ddy la hinh binh hanh ABCD, O la giao diém hai

duong chéo, AC = a, BD = b, tam gidc SBD déu. Goi / la diém di dong trén
doan AC v6i Al = x (0 < x < a). Lay (@) la mat phang di qua / va song song
v6i mit phiang (SBD).

a) Xdc dinh thiét dién ctia mat phang (@) véi hinh chép S.ABCD.

b) Tim dién tich S cta thiét dién & ciu a) theo a, b, x. Tim x dé S 16n nhat.

2.29. Cho ba mit phang (@), (/). () song song véi nhau. Hai duong thing a vi @’ cat
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ba mat phing 4y theo thit ty néi trén tai A, B, C va A", B', C". Cho AB = 5,
BC =4,A'C'=18. Tinh d0 dai A'B", B'C".



2.30. Cho t dién ABCD. Goi [ va J 1an luot 1a hai diém di dong trén céc canh AD

va BC sao cho %= % Chiing minh rang I/ luén luén song song véi mot

mat phang c¢d dinh,

2.31. Cho hai tia Ax, By chéo nhau. Ldy M, N l4n lugt la cdc diém di dong trén Ax,
By. Goi (@) la mat phing chita By va song song vé6i Ax. Dudng thing qua M
va song song vdi AB cat (@) tai M.
a) Tim tap hgp diém M.
b) Goi / 1a trung diém ciia MN. Tim tap hop cic diém [ khi AM = BN.



