L3I GIAIl - HUONG DAN — DAP sO

a) Vi do thi nhan truc tung lam truc d6i xing cho nén ham so
flx) = ax® + bx + ¢
la ham s6 chin, do dé
= ax’> +bx+c=ax’ —bx+c= fl—x), Vx

suy ra b = (. Ta con phai xac dinh a va c.

A = = = A 1 - a2 # -\ & a 3 &
Vi parabol cat duong thang y = 5 tai cac diem ¢6 hoanh do —1 va 3 nén

né di qua cdc diém

g1, (3.3
T | Y9y

Ta co hé phuong trinh

1
+ i p—
-
22 e
47°7%
< 3
Giai hé phuong trinh trén tadugca =1, c = — .
A e 3 3
Parabol phai tim la y= x~ — 3
b) Vi parabol di qua (0 ; 0) nén y(0) = ¢ = 0.
Do parabol ¢6 dinh 1a (1 ; 2) nén
b |
T 2a+b=0
2a Py i
_A ) b* +8a = 0.
4a

Giai hé phuong trinh trén ta duoc a = -2, b= 4.
Parabol phai tim 12 y = —2x" + 4x.
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3. Taco6A=(a+1)> -8a-D)=a*+2a+1-8a+8

=a’* —6a+9 = (a—3)* >0 nén phuong trinh di cho ¢6 nghiém.

Xeét (Il — X5 Jz = {Ii + Xa }2 == 4).'1,1_2 = .r-IZ.I%
2 2
a—+ 1 a— 1 a—1
h -4 . =
a ( 2 ] 2 ( > ]

& da+8=0&a=2.
Pdp sé ra=2

4. Cinco A= k> —20>0.

k
Xét fil _.rz - {"ti +..12) = 2._"(2 - I - — = 2)-2 — I

;]
k-5 k+5
S“Y"a-ﬁ:T:-’f]:]JfIz:T-
Do do
k—=5 k+5 1 2
X X9 = ———. == “ =45

Dap 56 - k=135
5. x> ~2a(x-1D-1=0cx>~2ax+2a—1=0.
Vi A' = (a — 1)? = 0 nén phuong trinh ludn ¢6 nghiém.
Taco x;+x,=2a;
Xxa=2a—-1;
J.:i1 + xg‘ =(x; + ,1:1]2 — 2xx;5.
Suy ra 4a2—2(2a— l)=2&¢>2¢12—3a+ =1

. 1
Gial phuong trinh tréntaduwgc a= - ;a= 1.

2

Pdp 56 : a=l rg= 1,

2
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6. A‘,?’ + _rg = (x; + 4, }(,1']2 - XX + _1:5)

215

5 || 28
= (Ii + ,tg)[{x, + _1'2)2 — 3.'{'112] = E |i? + 2j| = ?.

3 3 2
o 1 Xi +x X, + X)) [(x + x4)° = 3xx
7. Taco —1+—3:'13}."=(I 2LC i 1%
XX X[ X5 (x5 )

[Qa } 274 + 364
Fa [———

2 4 8
8. Phdicd
A's0 (2(a-1)>0
ac >0 < <9a2—2a+2}[}
S ba
5}3 57}3.

Giai hé bat phuong trinh trén ta dugc a > 1.
9. Ddapso:k=12,k=13.
10. a) Phai c6
Astas 1P =G Ve =la+ 1)1 <) =0
S-1<a<l,azl.

b) Ta co
=(a+ 1),

P = &@=]1, khi 46 x; =x,="0

P >0, Va# -1, khi d6 x|, x, cung déu.
Mat khac

- 2a+1)
a

suy ra :

V@i 0 < a < 1 thi hai nghiém cua phuong trinh (E) déu duong ;
V@i —1 < a <0 thi hai nghiém cta phuong trinh (E) déu am.

2a+1)
suyrag = ——-

c) T §= " )
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; 2 3 g , 2 2
Do do F= +] ,}@(5—2]F—S ={},
(3—2}"

X+ X 2_2(“”) 2a+1)

d) = 4.1'2 = =
X = 3x,

XX = (ﬂ'+ ])

X = 3x,
[a =-1
Suyra(a+])2(4a2—3)=(]c:> a=~—\?—
a3
L2
V6i a=-1tacox;=x,=0;
o B eos . B2l 3v0
Ulﬂ—? tac .12— 6 ,Xl— 2 2
" 3 3-243 3-243
Vai a=—Ttac0 Xy = 3 ; Xy = > .
i g ) s 1 - 2a° a
11. a) Véia # £ 1 hé phuong trinh (1) ¢6 nghiém x = —;y= ,}
| @ it

Véi a =+ 1 hé phuong trinh (1) vé nghiém.
by Néua#+1thix=0;:y=a

Néuag=-1thix=t+1,y=t(treR):
Néua=1thix=t,y=1-17(t € R).
12. a) Hé phuong trinh (3) tuong duong véi

(m> —m—56)y =—-m—-7
2x+(m+1y =-L

Tir d6 néu m> — m — 56 # 0 thi hé ¢6 nghiém.

m = -1

Taxétmz—m—ﬁ{’):f}{:b{
m=2=8
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. . . -O9x + 27y =4,5
V&1 m = =7 hé phuong trinh (3) tro thanh i (3a)
2x -6y =-1.
5 ; .
Vi —% £ %—z = 4_—1 nén hé phuong trinh (3a) ¢6 vo s6 nghiém.
bx + 27y =4,5
Vi m =8 ta c6 he ; (3b)
2x + 9y = -1,
Vi g = % # 4—15 cho nén hé phuong trinh (3b) vo nghiém.
Traloi : m=-17.
- 2 — p—
b) Hé phuong trinh (4) twong duong vaéi == —am
mx+3y =3
Tuong ty cau a) ta xét trudng hop 9 — m =0 m=1+3
B ) X 3x+3y=3
V&1 m = 3 ta co hé phuong trinh ' (4a)
3%+ 35=73,
RO rang hé phuong trinh (4a) ¢6 vo s6 nghiém.
V&i m = =3 hé phuong trinh (4) tré thanh
3x-3y=3
(4b)
—3x+ 3y =3.
.3 -3 3 . :
Vi 5 = o # 3 cho nén hé phuong trinh (4b) vo nghiém.

Traloi : m=3.

{.r+y+.xy:5 {x+}-+.x}r:5
. a) &

:f2+y2+,ry=? (:c+y]2+{,r+y)=12.
Dat u = x + y ta duoc W+ u—-12=0.

Giairata dﬂ(}ﬂ iy = 3. Uy = =1
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14,

x+y=3

V&1 u = 3 ta ¢6 hé phuong trinh
xy =2.

Giai hé phuong trinh (*) ta duoc hai nghiém (1 ; 2) va (2 ; 1).

x+y=—4 _
(vd nghiém).
Xy =

V&1 u = —4 ta ¢6 hé phuong trinh {

Rapsd (L 2: 1.

H=x-+y

b) Pat { "~ (v=0) taduge hé phuong trinh
il

W —-3? =13 u—v=3
hay 5
H—v =3 ue —9u+ 20 =0,

Giai hé phuong trinh trén ta dugc

u=3,v=12
hoac u=4,v=1.
Vay
[(x=4 x=2-43
{A‘+}-‘=5 = . {_r+y=4 }’=2+J§
= va e

¥y =2 {y=4 \/I?=l x=2+3
| (x=1 _y=2—x/§,

Pdp sé : Hé phuong trinh da cho ¢6 bon nghiém la
@:1):(1:4):2=-3:2+3):2+3:2-3).

a) {(=75-3),¢7; 3)} ;
b) {(-3;4),(4;-3)}.

15. a) [1 ‘ﬂ : b) (—o0 ; +0).
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d) [—m;—_s_m]u[4+ﬁ§;+w],
X 3
e)(—oo; —4) U (=3;3)U(6;+m).
g) (0 ; 5 U(l;2)U(6;+xm).
16. Gia su cac dinh cua tam gidc ¢o toa do lan luot 1a

A(xy 3 ¥, B(xs s va), Clxy s ¥3).

Theo céng thitc toa do trung diém ta ¢

Xy + Az = ?'I;'yf =72 Ya + ¥z = 2_}5]” =4
(D sx3+x =2xy =6 va  (II) y3+y =2y, =-10
.1_; + 'TE = 2.\:,} - ]0 J'] =+ _}"3 = 2‘}‘,& - 14.

Cong timg vé cdc phuong trinh cta hé (I) ta duge
2+ X+ x3)=18=x  + x5+ x3=9,

tr do x1=T:x=3;x;=—1.

Tuong tu tim dugc y; =03 v, =14 y3 =-10.

Vay A(7;0); B(3; 14) ; C(-1 ; -10).

17. Gia st M(x ; y) 1a dinh cua hinh vuong AMBN.

 ||aml = | B AM? = BM?
Tach 4 . — . = e
AM 1 BM AM . BM =0

o (G0 + -0 = (-3’ +(@ -9’
(x—Dx-3)+(y-D(y-35=0

X+ 2}‘ =8 x
o] fomn

4 _|x
i . & hodc
X +y —4x—-6y+8=0 y=2

44

Vay M(4 ; 2), N(O ; 4) hoac M(0 ; 4), N(4 ; 2).
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18. (h. 65) Tap nghiém la mién tam gidac ABC (ké ca bién).

L

B(4:5)

C(8;-4)

Hinh 65

19. a) Thoi gian giai xong moét bai tap todn cia 44 hoc sinh lop 10A,
truong Trung hoc phé thong K

Ldp thoi gian (phiit) Tan s6 Tan sudt (%)
[19,5; 20,5) 5 11,36
[20,5; 21,5) 7 15.91
[21,5 :22.5) 10 22,73
[22,5 ;23,3) 12 2027
[23,5; 24,5) 6 13.64
[24.5525.5] 4 9,09

Cong 44 100 (%)

b) Nhan xét

Trong 44 hoc sinh da duoc khao sit ta thiy :

Chiém ti lé thap nhat (9,09%) la nhitng hoc sinh ¢6 thoi gian giai xong mot
bai tap todn tir 24,5 phit dén 25,5 phit.
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Chiém ti 1¢ cao nhit (27,27%) la nhitng hoc sinh cé thoi gian giai xong bai
tap todn do tir 22,5 phit dén dudi 23,5 phut.

Da s6 (79.55%) la nhimg hoc sinh c6 thdi gian giai xong bai tap toan do tir
20,5 phit dén dudi 24,5 phuit.
c) Str dung bang phén bo tan s6 ghép lop da lap, ta tinh duoc ¥ = 224 phiit,

s> =21, s, = 1,4 phit.

d) Tacé ¥ =7 = 22,4 phit > 20 phit = y do do ta co thoi gian giai xong
bai tap toin dé cua hoc sinh o 16p 10A va 10C la nhu nhau va cting chim

hon hoc sinh 16p 10B.

Pong thoi, vi ¥ = 7 = 22,4 phit vd s° = 2,1 > 1 = s> nén thoi gian giai
xong bai tap todn dé cua cdc hoc sinh 16p 10C 1a déng déu hon cdc hoc
sinh 16p 10A.

e) Biéu do tan sudt hinh cét vé thoi gian (phiit) giai xong mot bai tdp todn
cua 44 hoc sinh lop 10A, truong Trung hoc pho thong K (h. 66).

Tansuat 4
27.27

22,73

1591
13,64 -

11.36
9.09

L 195 205 21,5 225 235 24,5 25,5 Thoigian

Hinl 66
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20. a) Vi 4l +cosa = —\/ECDS% (do % < % <)

o .
1 — cosax =\Esm— cho nén

2
o < ol
xf1+c:ﬂsrx+\h—cgga_—\Ems—2~+\/§mni
V1+cosa —+/1 —cosa _2cos? - J2sin®

2 2

nf:n:!rsg—sinE 'l—l:anE
=2 3.2 =tan(£—£]
4 2

a . o 74
COS — + 51N — 1 + tan —

2 2 2

=m{£+£]
M 5

cosdatan 2a —sin4a  cos4asin 2a — sin dacos 2a

b - - - - .tan 2a
) cosdacot2a +sinda  cosdacos2a + sindasin 2a
—sin 2a
— tan 2a = — tan” 2a.
cos 2a
sin® 2a + 4sin*a—4 _ 4sin” acos® a + 4(sin” a — 1)
| —8sin” a — cosda | — 8sin’ (;—(l—?:-;in2 2a)
4 cos” a(sin® a — 1
= ( ) - —cot” a.

8 sin’ a(c052 a—1) 2

sinl0,5a  sin(7a + 3,5a) _ sin7acos 3, 5a + cos 7asin 3, 5a
sin3,5a sin 3, Sa a sin 3, Sa

sin 3, 5a(2 cos? 3,5a + cos Ta)
sin 3, 5a

= (2c0s” 3,5a 1) + 1 + cos Ta

= 2cosTa + 1.
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2tan a

tan a +
tan(a + 2a) tan a + tan 2a B 1 —tan?
tan a tan a(l — tan @ tan 2a) (  fand o J
tang | ese SR =
I—I;emza
B 3—tan2a
1-3tan” a

. " . 2 . . -
sin” 2 + 4sin” @ — 4sin® @ cos” & B sin® 2a + 4sin’ o - sin” 2a

21'3} i o ..M 2 2. 2
4 —s5in” 2 — 4s8in” o dcos” o —4sin” acos” a

4sint & 4

= = fan ¢ .

4 cos” ar(l — sin’ o)
b) 3 — 4cos2a + cosda = 3 — 4(1 — 2sin’a) + (1 — 2sin>2a)

213 i 3 2 y 12 2
= 8sin"a — 8sin"a cos a = 8sin"a (1 — cos™a)

i 83in4a.

g 2 " cos 2d
¢) cosda — sinda cot2a = 2cos 2a — 1 — 2sin2a cos2a — 5 =-1.
sin 2a

cosa sina
+

d) cota+tana  ging  cosa
1+ tan2atana 5 sin 2a sin a
Ccos 2acos d

1 COS ¢ cos 2a

Sinacosa cos2agcosa +sin2asing

2 COS a Ccos 2a

. r— 2 .
sin 2a cos(2a —a) s

135° Jl +c0s135°

22. a) cos67°30' = cos ==
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b) cot30° = I _1-tan®15°  cot’15° -1 _

tan 2.15° 2 tan 15° 2cot 15°

Dt x = cot15” va chi y ring cot30° = V3 taco

A
JE:'TZ;] PO I e

Giai phuong trinh trén ta duge x = 2 ++/3 (nghiém x = +/3 — 2 loai vi
cot15° > 0). Do dé

cotl* +1 _2+3+1_ 3+3 3-+3
2c0t15°  22++3) 22 +3) 2

¢) Taco

tan20°tan40°tan80” = —tan20"tan40°tan 100"

= —tan(60° — 40°) tan 40° tan(60° + 40°)

tan 60° — tan 40° o tan 60 + tan 40°
= - : tan 40

1 + tan 60° tan 40° 1 — tan 60° tan 40°

3 — tan® 40°

. tan 40° = — tan 120° = ~/3.
— Jtan

o _ 2 400
ok e BAT WD Mip Gt DR 20y wies R 22 . Sp 4D

tan 40°  1-3tan”40°"
d) Huong dan. Nhan thém sin% .
Ddp 50 : -
‘7
23. a) 1 —cos2a +sin2a 2sin” a + 2sinacosa

I +cos2a +sin2a |4 2cos®q—1+ 2sinacosa

_ 2sina(sina + cosa)
2cosa(sing + cosa)

= lana.
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+ tana

| + tan2atana 2tana
1+ ————tang
| —tan"a

B 1+tan2a‘1—tan2a+2tan2a

* g
tana 1 — tan” a

B l—tzmza

— = 2cot2a.
tan a

: T
V2 —sina — cosa N V2 - \Esm[a+ EJ

sinad — cosda \Eain(a r:)
a _E

I—sin[a+£) sinE—sin(a+E]
B 4/ 2 4
; T - : T
sm[a — Z) sm(a - Z)
+3—ﬂ]sin(i—£] sin[—ﬂJrE}siﬂ[E—E]
3 8 2) 2 8 g8 2

i Z'a'm(ﬁ — E]cm‘(ﬁ - E) _ sin(E - E]cm(ﬂ - EJ
T\2 8/ \2 8. 2 8/7\2 8

d) cos2a — cos3a — cosda + cosda = (cos2a — cosda) + (cosda — cos3a)

= —2sin3a sin(—a) — 2sin4da sinag = 2sina(sin3a — sinda)

= 4sina CO‘:E ﬂn(—f) =-4 sin—au sina cmE
B > 5! &

2 cos” s
1 + cosa d i 3 a ;
24, a) T 28 _cosPa=—2tn?2 _cos?a =sinla
— CO8d . 2d
2sin” =
2
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b) 4cos* a — 2cos2a — %cns»ﬁla

1
= 4costa - 2{2::032 a—1)— E(Ecasz 2a-1)

1
2

2

= d4costa—4costa+2 - [Zcusza - 1‘;1 +

5 ~
= 4cos* a —4cos’ a +§ _4costa+4costa—1-=

b2 | W

: 1 1
C) sin® a(l + —— + cota)(l — —— + cota)
sina sina

= sin® a[(l + CUI{IJE - } = sin” a(1 + cot® a + 2cota) — 1

sin” a
. X cosd .
= sin® a + cos® a + 2sin” a - —1 = sin2a.
sin «a
d) cos2a cos® a +sin*a
4o wint 1 . »
Cos @ —sIn 1 — —sin” 2a
2
. D .
cos® a — sin’ a cos? @ + sin* a

2 X Lo iR I ..
(cos™ a + sin” a)(cos” a — sin” a) 1_5(23111 acosa)”

- cos? a + sint a

w3 - 2 2 2 2 2
SIN- d — SN @cos @ +Cos8 @ — 51N dCcos

cos4 a + ﬁin4 i

=1- = 0.

: 2 .
sin’ a(l —cos™ a) + cos’ a(l — sin” a)



